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Abstract

This thesis presents the use of the continuous adjoint method, developed by the
Parallel CFD & Optimization Unit of NTUA in the OpenFOAM environment, for
the shape optimization of a passenger car defroster nozzle, including experimental
validation performed at Toyota Motor Europe (TME). The defroster nozzle plays a
major role in the demisting—defogging of the windshield, by blowing high velocity
hot air jets supplied by the HVAC (heating, ventilation and air conditioning) unit
of the vehicle.

Since the basic performance requirements for a defroster nozzle are clear-up
speed and clear-up pattern, the time required for dispelling condensation or frost on
a windshield must be reasonable and the nozzle must have the capability to perform
uniform defrosting from the bottom of the windshield to its top, so that it becomes
clear without patches of condensation. In view of the above, an appropriate objective
function, to be minimized, is the integral of the difference of the air velocity from a
target (desirable) one over a thin control volume appropriately defined close to the
windshield, inside the car cabin.

To set up the optimization problem, the shape of an existing defroster nozzle
is allowed to vary using a volumetric NURBS tool developed by NTUA; the latter
is also used for deforming the computational mesh at each optimization cycle, by
adapting it to the changed defroster shape. The CFD analysis is based on RANS,
using the k-e turbulence model. The optimization loop uses the gradient of the



objective function with respect to the coordinates of the volumetric NURBS lattice,
computed using the continuous adjoint method.

Experimental tests performed to measure the actual velocity pattern on the
windshield include velocity measurements with a hot-wire anemometer. A convinc-
ing comparison between CFD analysis and measurements is presented. Finally, the
improved demisting performance of the geometry resulted from the adjoint opti-
mization is validated experimentally, using rapid prototyping to manufacture the
defroster nozzle.

Major part of this diploma thesis was carried our in the premises of Toyota Motor

Europe, in Belgium, with Mr. Antoine Delacroix as industrial advisor.
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Chapter 1

Introduction

Automatic shape optimization loops for optimal performance, according to fluid dy-
namics or aerodynamic criteria, have been widely developed for aerospace applica-
tions and, nowadays, are also gaining more and more importance in the automotive
industry. On the basis of the advanced progress of adjoint-based shape design, au-
tomatic optimization loop has been used to solve an interesting problem related to
part of the HVAC system of a passenger car. The target was the improvement of the
demisting performance of a passenger vehicle by modifying the shape of its defroster
nozzle.

1.1 HVAC - Defroster Nozzle

The safety and thermal comfort of automotive passengers are the most important
factors in the development of the automotive Heating Ventilation and Air Condi-
tioning (HVAC) system, [I1]. HVAC is responsible for the demisting and defrosting
of the vehicle’s windows and for creating/maintaining a pleasant climate inside the
cabin, by controlling cabin air humidity and temperature.

The defroster nozzle, as part of the HVAC system of vehicles, plays a major role
in the demisting-defrosting of the windscreen. Demisting refers the function intended
to remove mist, a film of condensate on the inside face of the glazed surface of the
windscreen, while defrosting refers to the function intended to eliminate frost or ice
generally on the outside surface of the windscreen. The HVAC unit provides hot air
to the nozzle which is, then, blowing high velocity air jets to the windscreen.

Windshield defrosting performance is an important factor on evaluating auto-
motive HVAC systems but, on the same time, is a compulsory test according to
national and international legislation since it has a significant impact on driving
safety.

Particularly, the formation of frost on the windshield and front door glasses
during cold season can be proved dangerous as it is veiling the driver’s view and



disturbing driving. Therefore, defroster performance is seriously taken into con-
sideration during the design of HVAC system in order to ensure the safety of the
passengers.

In order to achieve an acceptable demisting performance, the HVAC system has

to meet some performance requirements [2]. These are mainly the following:

1. Clear-up speed performance: The time required for dispelling condensation or
frost on the windshield must be reasonable.

2. Clear-up pattern performance: The capability to perform uniform defrosting
ideally on the whole surface of the windshield so that it becomes clear without
being spotty, without any condensation patches.

The clear-up speed performance can be improved, to some extent by increasing
the airflow volume of the blower or the heat exchange efficiency of the heater core
(i.e. the temperature of the air being aimed at the windshield). At the same time,
for improvement of the clear-up pattern performance, it is common that repetitive
experiments are carried out with different draft shapes of defroster nozzles (air guide
vanes and outlet area are very important parameters) in order to select the one
providing an acceptable clear-up patterning. So far, the efficiency of the defroster
depends strongly on the technicians’ experience [2], [10].

However, irregular shape and complex structure makes the design difficult while
experimental design method costs too much time and money. Consequently, time
consuming experiments that are generally required to achieve an improved shape
with better performance are gradually being replaced by CFD simulations and au-
tomatic optimization loops.

On the same time, it is known that clear—up patterning is correlated with the air
velocity distribution on the windshield as mentioned in [2], [I0]. Lately, distribution
of airflow velocity on the surface of windshield has been investigated by numerical
calculations and associated with defrosting performance resulting to be judged as
adequate to reflect it, to some extent. The defroster nozzle must, therefore, be
designed to provide optimal air velocity distribution. Based on this conclusion, we
set this later as the optimization target, which in terms of the optimization method
is translated into an objective function.

Based on some previous research [4], [10] it was concluded that CFD could be
used to carry out the majority of the design process not only of the defroster nozzle,
but, also, of other ducts and HVAC components. It presents significant advantages
to the engineer, compared to traditional techniques based on trial and error, which
depend too much on experience. One of them is that features of the airflow can
be studied, resulting to deeper understanding of the flow to help determining the
source of the problems. Another benefit is that the vehicle, or any prototype part is
no more needed. Therefore, evaluation work can progress in parallel to the design



process. CFD can be used during the entire component design and evaluation phase,
leaving actual testing for the final homologation test. Defrost testing should be re-
served for the final legislative performance test. Last but not least, design space
exploration is time—consuming and the improvement in shape is difficult to reach
its full potential. For these reasons, in order to produce a new defroster that gives
an improved velocity pattern on the windshield, a CFD-based optimization is pre-
ferred and, in this diploma thesis, this relies upon the continuous adjoint method to
compute the gradient of the objective function with respect to the design variables
determining the shape of the defroster duct.

1.2 CFD-based Optimization

The constituents needed for running an automated shape optimization loop include
the flow (CFD) solver, the geometry parameterization (the parameters of which act
as the design variables), an optimization method capable of computing the optimal
values of the design variables and a way to adapt (or regenerate) the computational
mesh for each candidate solution.

During the CFD-based optimization loop, the shape of the geometry under con-
sideration is controlled by a number of design variables. For instance, these can
be the coefficients of the Bezier-Bernstein polynomials parameterizing the shape of
the body to be designed. The quality of the new shape produced is evaluated by
computing a quantity (usually an integral), known as the objective or cost function
of the optimization problem. For example, in the case of the aerodynamic design of
an airfoil (which is the standard problem used to validate all relevant methods), this
could be either the drag or lift coefficient of the airfoil. The objective function value
depends on the values of the flow variables, obtained through the solution of the
flow equations used to simulate the flow inside (internal aerodynamics) or around
(external aerodynamics) the shape under consideration. The flow equations can also
be considered as the flow constraints of the optimization problem and may include
the solution of the incompressible or compressible, steady or unsteady, inviscid or
viscous flow equations. Each optimization problem aims at the minimization of the
objective function with respect to (w.r.t.) the design variables. Maximization prob-
lems can easily be reformulated to minimization ones and can be solved using the
same tools.

1.2.1 Optimization Methods

CFD-based optimization methods can be classified into two main categories, i.e.
deterministic and stochastic optimization methods. Deterministic methods, known
also as gradient—based, require the calculation of the derivatives of the objective



function. To get the new values of the design variables, a steepest—descent algo-
rithm (or Newton or quasi-Newton methods) must be used, based on the computed
gradient. On the other hand, stochastic methods do not require any further infor-
mation than the value of the objective function.

Stochastic optimization algorithms, [30], [31], [32], a representative example of
which is an evolutionary algorithm (EA), have the significant advantage that it is
almost unlikely for them to trapped into local minima, due to the fact that candidate
solutions are being searched in a randomized way. However, a great number of
evaluations, CFD simulations in our case, are usually necessary , provided that the
optimization runs for a adequately high number of generations, before obtaining the
optimal one. That increases the computational cost.

Deterministic algorithms are quite vulnerable to entrapment to local minima as
the solution can be erroneously considered as the optimum, while in this is noth-
ing more than a local extremum. However, as the direction of updating the design
variables is dictated by the sensitivity derivatives, rather than a random, or even
randomised choice, each cycle of the algorithm produces an improved result, for-
mulating in general an automatic process that requires much less evaluations than
those required by EAs.

Though ideally the target would be to acquire optimal solutions, especially in an
industrial environment,, improved (compared to the configuration which is currently
in use) solutions are highly welcome too. Thus, in this application, gradient—based
optimization methods are preferred.

The efficiency of gradient—based methods mainly depends on the technique that
is used to compute the sensitivity derivatives. Common techniques for that are the
finite differences method (FD), the complex variable method (CV) and the direct
differentiation method (DD) [33].

The gradient can be computed, in a straightforward manner, using finite differ-
ences. For a second order FD_)scherne, the derivatives of an objective function F
w.r.t. to the design variables b are given by

SE(B)  Fbi,bs oo b+ € ooy b1, bx) — F(b1, by ooy by — €, ooy b1, )

= 1.1
ob,, 2¢ (1.1)

Even though it is straightforward to implement, since it only requires the re—
computation of the value of the objective function, the cost of FD scales with the
number of the design variables, N (b,,n € [1,N]), making its use unfeasible in
large scale optimization problems. Moreover, the choice of the infinitesimally small
quantity e can affect the result and round—off errors are very common, as the two F'
values are too close due to the small e. Consequently, a trial and error process must
be employed in order to ensure that e-independent derivatives have been computed.

This last disadvantage of the FD method can be circumvented by using the
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complex variable method where the sensitivities are computed as

%
(SF(b) [m[F(bl,bg,...,bn+ie,...,bN_1,bN)]
= (1.2)
ob,, €
where ¢+ = y/—1. Since the sensitivity derivatives are no longer computed as a

function of the difference of two very close values of F', round—off errors cease to
exist, providing with an non e-dependent result. Nevertheless, the cost of CV is
still scaled linearly with N. An added problem is the fact that the use of complex
variables requires an intervention into the source code of the flow solver, so that it

can handle complex variables.

The next alternative is direct_) differentiation, according to which the flow equa-
tions are differentated w.r.t. to b and the resulting N linear systems are solved for
the derivatives of the flow variables w.r.t. the design ones. The sensitivity deriva-
tives are expressed as a function of these fields. DD does not only scale with N but
it is also harder to implement than FD. However, this method is indispensable part
of algoritms used to compute high—order sensitivity derivatives.

These methods can be really accurate or indispensable in some cases as explained
above, however they share the same important drawback. Their cost scales linearly
with the number of the design variables, N , making them impractical for large
scale optimization problems. Thankfully, there is a fourth alternative, the adjoint
method, [34], [35], which is overcoming this issue due to the fact that practically, the
cost of computing the necessary sensitivity derivatives independent from the number
of the design variables. This is making the adjoint method the most appropriate
method to compute gradients.

1.2.2 Adjoint Method

The adjoint method is a mathematical tool that computes the gradient of the objec-
tive function w.r.t. the design variables by also taking into consideration that each

solution of the optimization problem has to satisfy the Navier—Stokes equations.
Let F' be the objective function which is generally expressed as

. =

F=FU). D) (1.3)

where 7 is the vector of the flow variables and ? the vector of the design
variables, which in the case of shape optimization define, for example, the shape of
an airfoil. Practically, any change of the values of the design variables b, modifies
the shape of the airfoil, resulting to a new flow field ﬁ around it and to a new value



_>
of the objective function. Consequently, the variation of F' w.r.t. b is

ar _oF  oFdU 1.4
iv  0b oUdb |

The augmented objective function is introduced

Fuy=F+ 0TR (1.5)

where 7,/1 is the vector of Lagrange multipliers or the so—called adjoint variables. The
system of equations that describe the physical problem are noted as ﬁ ﬁ 7 b)
Since = 0, then F' = F,,,. As a consequence, minimizing F' is equivalent to
minimizing F,g;

dFp, dF —,dR

—X - 1y 1.6
TR TARPT (16)
dﬁ_aR+aRdﬁ_0 wn
it 0b oUdb '

Equation [I.6] using [I.4] and [1.7], turns into

dFuy _ OF OF JU L2 (aR OR dﬁ)

v o1 ovdn ovdv
() D (o
av

8 b 8 b
Matrix I has high computatlonal cost so it is desirable to avoid computing it.

(1.8)

Consequently, the multipliers w are computed instead so as to set to zero the
multiplier of this matrix on the equatlonu After having computed 2/1 the Lagrange
multipliers are used on the computation of the sensitivities according to

AF _dFuy _ OF o OR
iy db 96 9b

(1.9)

The computation of the sensitivity derivatives through equation demands the
solution of only one linear system for the computation of ) while the computation

through demands the solution of NV systems —E; for the computation of the matrix
dﬁ (

the latter refers to the aforementioned DD method in sec. |1.2.1]).

The adjoint method appears in two, substantially different, variants:: the discrete
[36], [37], [38] and the continuous, [34], [35], [39] adjoint method. Discrete adjoint
includes the discretization of the equations of = 0 and, then, their integration
in equations and [26]. The Lagrange multipliers are also in discrete form.
On the contrary, according to the continuous adjoint method, the flow equations in
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continuous form are firstly differentiated and the adjoint PDEs are derived as closed
form expressions. The latter are, then, discretized and numerically solved.

In other words, the discrete adjoint approach works with the algebraic equa-
tions that come from the discretisation of the fluid dynamic equations while, in the
continuous adjoint approach, the adjoint PDEs are formulated and then discretised
and solved. The adjoint solver developed by PCOpt/NTUA on the OpenFOAM
software is using the continuous adjoint method and this software is used in this
diploma thesis.

The above equations that described the formulation of the adjoint problem in
general, actually refer to the discrete adjoint method. This approach is preferred
at this point as it is considered easier for the reader to become familiar with the
adjoint method and its advantages. The continuous adjoint method will be analyzed
in chapter 2]

1.2.3 Shape Morphing Methods

The computed sensitivity derivatives from the adjoint solver are translated into
displacements of the control points using algorithms such as steepest descent, BFGS,
Newton, quasi-Newton and others [24], [29], [13]. In CFD shape optimization, the
design variables can be the nodes of the surface mesh or more usually, control points
that parameterize the desired geometry. So the optimization loop uses the gradient
of the objective function w.r.t. the coordinates of control points, computed using the
continuous adjoint method; then, after translating the derivatives into displacements
of the control points, a morphing tool changes the surface according to the changed
control points.

In general, shape parameterization techniques can be divided into the following
eight categories [7]: basis vector, domain element, discrete, analytical, free—form
deformation (FFD), partial differential equation (PDE), polynomial and spline, and
Computer Aided Design (CAD). Among them, only CAD-based and FFD tech-
niques seem to be efficient and suitable enough for complex geometries.

As far as the former technique is concerned, the need to differentiate the code
of the commercial CAD software appears; this, however, is most of the times not
available to users. Assuming that the source code of the CAD software can be
accessed, another issue is that the differentiation of large codes is not a trivial task
as, even the use of automatic differentiation tools, cannor replace the necessity of
complex coding. Furthermore, the result is a code that requires a lot of computer
memory to perform the necessary calculations. Therefore, the calculation of the
analytical sensitivity derivatives of the geometry w.r.t. the design variables could
prove to be difficult within a commercial CAD environment. Nevertheless, there is
ongoing academic research in this field.

The latter technique, FFD, has the advantage of parameterizing and deforming

7



both the surface and volume mesh. This is positive since that it eliminates the
need of using a different tool to deform the volume mesh after updating the surface.
Moreover the topology of the mesh is preserved and thus, remeshing is avoided and
at the same time this allows the initialization of the flow from solutions obtained
in the previous cycle. As a result, significant reduction in the computational cost
is achieved. Examples of this method are volumetric B—splines or NURBS, Radial
Basis Functions (RBFSs), the harmonic coordinates method, etc. In the current
application, the PCOpt/NTUA morpher that parameterizes the desired 3D space

using volumetric B—splines is used.

1.3 Target and Structure of the Thesis

The target of this diploma thesis is the application of shape optimization methods,
using the continuous adjoint method, to the defroster nozzle of a Toyota vehicle. The
objective of this optimization procedure was to achieve an improved defrosting per-
formance. To do so, a suitable objective function is, firstly, formulated to describe
the engineering goal. The adjoint method provides the corresponding sensitivity
derivatives that gave qualitative information about the suggested shape deforma-
tion of the defroster. Then, the coupled shape morpher translates this information
appropriately to produce a new defroster nozzle geometry, giving better defrosting
performance than the initial one. The whole procedure is carried out iteratively
until a convergence criterion is met.

The structure of this thesis is organised in the following chapters:

e In chapter 2, the flow equations, as well as the continuous adjoint method
for incompressible, steady—state flow is presented. The objective function, the
adjoint equations and their boundary conditions and sensitivity derivatives are
formulated. The procedures of discretising and, then, solving the equations

are explained in detail.

e In chapter 3, the shape morpher is presented along with the optimization
algorithm.

e In chapter 4, a test for pressure measurement and the simulation of the equiv-
alent CFD model are presented. CFD-based results are validated through

comparison with experimental measurements.

e In chapter 5, the performed velocity pattern test and the computed flow in
the cabin are presented. The test and CFD correlation is validated.

e In chapter 6, results of the automated optimization process are presented. Sev-
eral cases are studied since there are manufacturing and topology constraints



which are not included in the optimization loop. Those are taken into consid-
eration only at the end of each optimization project. The most suitable new
defroster nozzle is, then, manufactured using rapid prototyping techniques and
its improved performance is evaluated and compared to the one of the initial
shape through the presented defrost shape.

e In chapter 7, results and conclusions are summarized.
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Chapter 2

The Continuous Adjoint Method
for Incompressible, Steady—State
Flow

As mentioned before, the target for this optimization problem, is the improvement
of the demisting and defogging performance of a car. According to [4], CFD can be
used with confidence to simulate defrost performance. The realistic case would be
to simulate the transient, thermal, phase changing conditions that happen during
the procedure of defogging the windshield. However, the engineer can evaluate the
defrost performance from an interpretation of the velocity distribution close to the
windshield [2], [4]. As a consequence, it is also acceptable to run isothermal steady
state simulations and, in this way, simplify the problem complexity and decrease
the computational cost.

The automotive cases solved in this thesis are governed by the Reynolds Aver-
aged Navier—Stokes equations for steady—state, incompressible flow, coupled with
the turbulence model equations. The k—e turbulence model is applied. The mean
flow and turbulence model PDEs along with their boundary conditions are referred
to as the primal (or state) equations of the optimization problem.

2.1 Flow Equations

The mean flow equations [21], [6], [28], the continuity equation and the momentum

equations are, respectively, written as
avj

_ij

R} o - {(V + Vt) (avi + %ﬂ + o 0 1=1,2,3 (2.2)

i = vjﬁ_:cj - 8_9(:] an (91:1 8@ -

RP = ~0 (2.1)
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where v; are the velocity components, p stands for static pressured divided by the

constant density p, v is the constant bulk viscosity and v; is the turbulent viscosity.

Turbulence viscosity results from by the solution of the turbulence model PDEs.
Repeated indices denote summation over the spatial dimensions of the problem

(Einstein convention). Equation , is therefore, a shorthand representation of:g—:i—l—

Qug | dvg _
0z + Oxs3 _O

The turbulence model k-e equations [23],[21],[28] are given by

ok v\ 0%k
i Tk i
. Oe v\ 0% € €
R :Uza—xz—(l/ﬁ—ﬁ)@—olgp—i‘CgE:O (24)
k2
Vy = CM_ (25)
€

where £ is the turbulent kinetic energy, € the turbulence energy dissipation term
and P stands for the turbulence production term

Oviy Oy ) 0 (2.6)

P= Vt(@xj 8@ 8@

The constant coefficients of the model are: € = 1.44,Cy = 1.92,C), = 0.09 and
the turbulent Prandtl numbers P, = 1.3, P, = 1.0

2.2 Boundary Conditions

The boundary conditions that “close” the primal problem are:

e Dirichlet boundary condition for v; and the turbulence model variables (k,e)
and zero Neumann boundary condition for p, at the inlet S;.

e Zero Neumann boundary condition for v; and the turbulence model variables

(k,e) and zero Dirichlet boundary condition for p, at the outlet Sp.

e Zero Dirichlet boundary condition for v; (no-slip condition). Empirical rela-
tions based on the friction velocity (wall functions) for the turbulence model
variables (k,e) and zero Neumann boundary condition for p at the walls Sy.
Empirical information using the wall function technique was used to approxi-
mate viscous stresses at the wall [23], [21].

The boundaries in the main case of interest are shown in fig. 2.1} The details
of the computational model are later explained in chapter [f

12



2.3 Objective Function

Usually, in aerodynamic problems, the objective function is a scalar quantity like
the lift or drag force exerted on an aerodynamic body. In case there are more than
one objective functions that happen to be convex, the Multi Objective Optimization
(MOO) problem can be turned into a Single Objective Optimization (SOO) problem
by simply adding the objectives and multiplying them with a different weight decided
by the engineer.

As previously mentioned, in our case, it is desirable that the velocity pattern of
the air close to the windshield (and not exactly on it, as the no—slip condition implies
zero velocity on the walls) meets some criteria (as listed in and on the same
time it improves the demisting and defogging performance. In other words, the aim
is to achieve more uniform distribution of the velocity and increase its magnitude
on the weakest areas which is most of the times the upper part of the windshield.

This target is mathematically expressed as

1
FObj = 5/9 (UZ2 - U?ar)Qtha’r‘ (27)

The above objective function describes the wish to force the magnitude of velocity
over a thin volume close to the windshield, ,,., fig. to reach a certain value
or to have a pre—defined distribution. €2, is often refered as target volume, in the
scope of this thesis.

The starting point of the adjoint problem is the use of the convenient augmented
function F,,, and its use, instead of using F' directly, see sec. and [6]. So, Fyu,
is defined as

Frg=F + / wRYdQ + / qRPdS) (2.8)
Q Q

where () is the computational domain, fig. [2.1a, u; are the adjoint velocity com-
ponents, v; the primal velocity components, ¢ is the adjoint pressure and p is the
primal pressure. Since the residuals of the primal equations [2.1] are zero, F' and
F,.4 are identical.

At this point, it is important to mention that within the scope of this thesis, in
the analysis of the equations following, the effect of the solution to the equations
of the turbulence model is neglected, for reasons of simplicity. Consequently, the
commonly known as “frozen turbulence” assumption is made. Readers interested in
the differentiation of turbulence can refer to [6], [13], [15],[14], [16], [18], [17], [19].

Differentiating the augmented objective function we get

6Faug o 6F 6 v 5 D
= g, f o >

Then, the Leibniz theorem, which is used for the differentiation of the volume inte-
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grals with variable boundaries, is applied

6Fuy _ 6F [ OR O

(;I’k
_ ? v Py __ ™
foe 08 [ Eao [ o5 / (R + ) ShmdS (210

where S is the boundary of the computational domain which is actually S = Sy U
So U Sw U Sw,. The boundaries S, Sp, S and Sy, refer to the inlet, outlet, fixed
and parameterized (varying or controlable) boundaries of the domain, respectively.
However, only the parameterized boundaries may change ( "nk corresponds to the
deformation velocity of the surface in the normal direction) so we have

0F,g OF 8R“ 8Rp oxy
= L dQ) JRY P —=nd 2.11
PR TR S Rl T /SW (uilty + qFt )5b nedS(2.11)
As already mentioned, F' = F,,, and consequently gTF = 6?;:9.

At this point, it is necessary to make a clear distinction between the meaning
of the partial and total derivative, as used from eq. and below. (?T‘D is used to
indicate the total derivative of an arbitrary quantity ®, which can be any of the flow
variables or even the residual of the state equations and represents the total change
in ® by varying b,. The partial derivative g% denotes the variation in ® due to
changes in the flow variables (that are caused by geometry deformation) excluding
contributions from the space deformation itself. In other words, the partial derivative
represents the variation in @ if the internal nodes of the computational domain

remain unchanged. The expression that links the total and partial derivatives is

0o 00 0P dxy,

5, = 9b, " 9uy oby (212)

However, if ® is a quantity computed on the surface, like pressure, eq slighty
changes. As any small surface deformation can be seen as a normal displacement,
only the normal surface deformation velocity ‘;bﬂ contributes in the change of ® so
its tangential component can be neglected resulting in

0b 0P 9P  Oxy,

+ Nk

by Ob, | Oy Fob, ™ (2.13)

In order to express (?TF and to formulate the adjoint equations and their boundary

conditions, the objective function is expressed in general form as a sum of both
surface and volume integrals, following [6].

F:/F5d8+/ FQtarthaT (214)
S Qta'r

However, the objective function used has the form of a field integral on a pres-
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elected part of the flow domain and it does not include any surface integral. So, in

our case,

F = / Fo,, dq, (2.15)
Qtar
The differentiation of F’ w.r.t. the design variables gives

OF o

_ = F 0O 2.1
Sby by Jo,. o A tar (2.16)

The application of the Leibniz theorem yields

— | Fo,, dQu = 92 Fo,, ni—rdS 2.17
5bn QtaT Qtar t /&;ta'r abn t + / Q arnk? 5b < )

In our case, the velocity of the boundary ‘;’g—’“ is zero as the boundaries of the target

volume in this application {2, are fixed. Consequently, we have

0 0Fq
— Fo, dQe = A 2.18
5bn /(vztar Qtar ' /Qta'l ab ' ( )
Since the objective function, equation[2.7]is exclusively expressed in terms of velocity,
the use of the chain rule for fQW 81;%:” A W.r.t. v; gives

6FQ . avz
9 A o = FS o —dQr 2.19
/Qtw abn t /Qtw Qtar, zab t ( )

where F;g . is equal to Wthh for the objective function of equation

. oF
Fupi = 5,7 = 2(vF — Vi) Vi (2.20)

According to the derivative of our objective function is

5Fob' aUZ
5bnj = 2/er (UI% — vfw) 9. —dQyar (2.21)
and, in general form using, egs. [2.16] [2.18 and [2.19, we have
oF . ov;
— = FS  —dQy, 2.22
3b, /Q ard G, (2.22)

2.4 Adjoint Equations

The terms of eq. that include the partial derivatives of the mean flow equations

a(

w.r.t. the design variables can be developed by applying the operator # to eqs.
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and 2.2l According to the comments made in sec. [2.3] the partial derivative
reflects the changes in the flow variables over the initial domain without taking into
account changes in its shape. Hence, the following permutation is allowed [6]

a (0 9 (0P
)= (== 2.2
b, <8x]~> ox; (abn> (2.23)
Using eq. [2.23]in the differentation of eqs. and [2.2) we get
ORP 0 (0v;
= 2.24
b, 0Oz, (81) ) (2.24)

ORy  Ov; O 0 (81}1-) 0 0 (81% 8vj>]+ 0 Op

e = o ) "o O e G )|, @

Applying the Green—Gauss theore [6] to eq using , the [, q%fp ds)

volume integral becomes

0 [ Ov; 8 dq Ov;
—g— | =40 = — ——d) 2.2
/Q 1oz, <8bn>d Top, " | G an, (2.26)

In a similar way, using eq{2.25( the inviscid terms of the volume integral [, uig%dﬂ

can be written as
81}1 ov; o ([ 0v;
—d V) —— dQ) =
i oa, Oy, +/““ﬂa (ab )

(2.27)
ov; Ov; ov; (%z
/ ]8sz 9. dQ+/ulv]n]ab ds — /a u,vj
0 Op op Ou; Op
/uzﬁx, 0. —dQ2 = /u nl(‘?b s — 9, b, —dS2 (2.28)

The viscous terms of the same volume integral (using also eq. [2.23) can be written

as
9 0 (on O
_/Q“"a_xj{(””t)ab (ax] aq,-)]d@
. 0 an 81)]- auz 87}1
— /S’Lbl(l/ + 1) 5 a0, <8xj + ax)njds + /Q (v+u) Dz, b (&L_] )
o 0 01)7; (%j auz avz
— /Suz(z/—irm)(% (axj+8$i>njd5+/(u+m (9:1:]8:1;]( )

0b,,
8ul ov
+/Q (V T 81'] ox; (8_

(2.29)

!Green—Gauss or Divergence theorem: fV(V -F)dV = fS(F -m)dS where n is the normal vector
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The two volume integrals in the last expression of eq. become

ou; 0 /0v; B ou; Ov; ou; \ 0v;
/Q(”“t)ax] oz, (86 )= /S () g, Mo gy, 49— / oz, ””t)axj)abndﬂ
(2.30)

ou; 0 % B 8ui 81)] 0 Ou; \ Ov;
/Q ) 5, o (aa)‘m - /S (v 4 11) G g, 45— /Q or, ((+0) axj> b,

B 6u‘ ov; 0 Ou;\ Ov;
— /5 <V+Vt)8 n](% dS — /Qﬁ_xj<<y+yt) 8xi>6bnd9
(2.31)

By substituting eqs. [2.27] to 2.4 and also using [2.22] into the expression of the
differantiated arbitrary objective function Fg,, we get

0F gy . Ou;  Ou; ov;
5 _/s [uzv]nj + (v+u) <8 . + 891;) qnl] %, —dS

dp 0Ty " o\ 0Tk
+/S(u]nj)abnd5+/s( umj)ab dS—i—/SW (u; R} +qR )(Sb ndS

+/ {uj% - o) _ i[(u+w)<aui + auj)} Lo +F6,i}%d9
; . .

oz; oz, Ox; Ox;  Ox; Ox; ob
Ou;\ Op
—df)
* /Q ( 893]) o,
(2.32)
It is necessary to avoid the computation of the partial derivatives g;” and ap as

they require the solution of N systems of equations. To do so, their multlphers in
the volume integrals of eq. are set to zero, resulting in the so called adjoint
mean flow equations

O,
8ZL’j

w an 8(Ujui) 0 8ul 8uj 3q 2 . .
R =uj=—————— (V+Vt)<8:cj+3_xi> +8$i+FQW7i—0 1=1,2,3
(2.34)

where wu; is adjoint velocity and ¢ is adjoint pressure. As a result, the remaining

RY = — =0 (2.33)

terms of the expression of that will give the adjoint boundary conditions and
the final expression of the sensitivity derivatives are

0F g Ou;  Ou;j ov;
T = /s [uzvjn] + (1/ + Vt) (8xj + ami)nj — qnz} aTdS

8]9 87’2‘]‘ v p (S
—l—/(ujn])ab dS+/( umj)a—bndS%—/SW (W Ry + qR )Wnde

(2.35)
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2.5 Adjoint Boundary Conditions

The adjoint boundary conditions derive from the expression by setting to zero
the first three integrals, see [6].

Inlet Boundaries As discussed in sec. [2.2] at the inlet boundaries Sy, the Dirich-
let boundary condition on velocity implies that (‘5% = 0. As this boundary is fixed,
we have g?f—: = 0 so, according to , also g;’i = 0. Eliminating the rest second and
third integrals of we get

u;n; = Uy =0 (2.36)
wn; = w;th = ul(t> =0 (2.37)

but, since no boundary condition for ¢ can be derived from the previous expression,
a zero Neumann boundary condition is used.

Outlet Boundaries Having a zero Dirichlet condition for p on the fixed outlet

boundaries Sp, it is 5%7; = %; = 0. Due to the distance of the outlet boundary

from the parameterized area, see fig. (where the parameterized area is a part of
the defroster nozzle), an almost uniform velocity profile can be assumed along So
leading to eliminating the third term of However, so as to eliminate the first
term of the equation, it should

8ui 8Uj

aZL’j + 8902

wv;n; + (1/ + Vt) < )nj —qn; =0 (2.38)

By multiplying with the normal surface vector n;, results namely a Dirichlet
boundary condition for ¢

Oy,
G = Uy +2(v + 1) 87{3 —0 (2.39)

The tangential adjoint velocity components can be obtained by multiplying eq.
with the tangent to the surface vectors t!, [ = 1, 2 resulting to a Robin type boundary

condition

aul ou n
v<n>ul<t> + (1/ + I/t) ( 8;;) + # =0 (2.40)

while for the normal adjoint velocity components zero Neumann boundary condition
is applied.

Fixed Wall Boundaries Similar to the inlet boundaries Sy, at the fixed walls of
the domain Sy, the boundary condition for wu; is Dirichlet resulting to

Un; = Uy =0 (2.41)
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wn; = u;th = ul@ =0 (2.42)

and zero Neumann boundary condition for ¢ is imposed.

Parameterized Wall Boundaries The main difference between fixed and pa-
rameterized walls is that the boundaries of the latter may change during optimiza-

tion, hence gi—: # 0. Consequently, since v; = 0, its total variation is zero gl?; =
resulting in
ov; ov;  0x,
= — — T, 2.43
b, Oxy b, (2.43)
which makes the remaining first term of along Sy, to turn into
ov;  Ov; v
/SW {uivjnj + (1/ + l/t) <8xj + 8;)71]- — qni] a—bndS =
P
(2.44)

a’UZ‘ av, avi 5{L‘m
_ /SWP |:U¢anj + (V -+ Vt) (axj + @sz>n] - qni:| a_l'knk_nmds

Since the integral on the r.h.s. of eq. includes only the surface variation and
primal and adjoint fields, its value can be computed and added to the final expression
of the sensitivity derivatives.

To summarize, according to [6], for the objective function of eq. that is only
dependent on v;, the adjoint boundary conditions are the following:

e Zero Dirichlet boundary condition on u; and zero Neumann boundary condi-
tion on ¢ at the inlet.

e Robin type boundary condition on the tangential adjoint velocity components,
zero Neumann boundary condition on normal adjoint velocity components and

Dirichlet boundary condition on ¢, at the outlet.

e Zero Dirichlet boundary condition on u; and zero Neumann boundary condi-
tion on ¢ at the fixed and parameterized walls.

2.6 Sensitivity Derivatives

After satisfying the adjoint mean flow equations and their boundary conditions, the
adjoint variables are given by the adjoint solver. Then, it is possible to compute the
sensitivity derivatives by the expression

5Faug _ _/ |:(V + ]/t) <auz + au])n] _ qnz:| % dr_mnmds

3b Ox; | O, Day, " 3b,
(2.45)

5
+ / (wRY + qR?) —Fny.dS
S, 5b,
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where, in the first term, inside the brackets there are only primal and adjoint vari-
ables while the outside part comes from the differentiation of the geometry, that is
produced by the morpher.

2.7 Discretisation and Solution of the Equations

The systems of the Partial Differential Equations (PDEs) of the primal (eq. [2.1]
and adjoint problem (eq. should be discretised in order to be transformed
into a corresponding system of algebraic equations and, then, numerically solved [6].

The steady state, mean flow equations for incompressible, turbulent flows are
given by egs. 2.2l In order to complete the system of primal equations, the
turbulence model, used to compute 14, should also be taken into account. In the
SIMPLE algorithm presented the turbulence model equations are solved in a segre-
gated manner from the mean flow ones.

The primal (already existed in the OpenFOAM CFD toolbox) and adjoint (devel-
oped by PCopt/NTUA) solvers are programmed in the OpenFOAM environment;
they solve the equations using the SIMPLE (Semi-Implicit Method for Pressure-
Linked Equations) algorithm and a cell-centered finite-volume discretization scheme,
on unstructured grids. For the convection terms, second-order upwind (primal) and
downwind (adjoint) schemes were used. For the computation of spatial gradients,
the Green—Gauss theorem is used and the involved quantities are interpolated using
a linear scheme. For more information about the discretization schemes, readers can
refer to [25], [28].

2.7.1 The SIMPLE algorithm

In what follows, the variant of the SIMPLE algorithm, already programmed in
OpenFOAM, for the solution of the primal equations is presented, [6].
The momentum equations, can be written in a semi-discretized form as

NB(P)

Op
apVp; = E AGNUN,; — a_m

N=1 ¢

(2.46)

where P is used to denote both the cell index and its centroid in which the mo-
mentum equations are discretized and N B(P) are its adjacent cells, fig. The
coeflicients ap and apn result from the discretization of the convection and diffu-
sion terms in 2.2} It should be noted that the coefficient ap is the same for all the
components of the momentum equations. The iterative solution of [2.46] using the
pressure field p*, obtained through the previous iteration, results in a velocity field,

k
1)

v, which does not satisfy the continuity equation. Moreover, there is no equation

from which the pressure field can be updated (the continuity equation includes only
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the velocity components). For that reason, it appears the need to derive an equation
for the computation of p and correct the velocity field to also satisfy the continuity
equation.

Let the velocity and pressure fields that satisfy the momentum and continuity
equations be denoted by v; and p. As already discussed, v} stand for the velocity
components resulting from the iterative solution of the momentum equations (which
do not, however, satisfy the continuity equation) based on the pressure field p*, made
available from the previous step of the solution algorithm. Based on the two above-

mentioned sets of fields, the semi-discretized momentum equations, [2.46, can be

written as
apVp; = Z ANUN,; — ' (247)
NB(P) op*
apvhi= D anvi; = 5 - (2.48)
N=1 ’

Once have been numerically solved in the current iteration of the solution
algorithm, a prediction of the velocity components is given by

.1 9p

Vp; = Upj— 2 01, (2.49)
where )
QA)pJ‘ = ;Hp,j(v*) (250)
NB(P)
Hp;(v)= > anvy, (2.51)
N=1

Let v; and p' correspond to the velocity and pressure corrections that need to be
added to v} and p* in order to also satisfy the continuity equation, i.e.,

v = v + v, (2.52)

Subtracting [2.48| from [2.47] - 7|and assuming that the discretization coefficients (ap, ay)
are (approx1mately) the same in eq- 7l and eq-, the following relation between

v; and p’, holds
NB(P) oy
apv;gl = Z anNZ pr (2.54)

After additionally assuming that the first term on the r.h.s. of eq. is negligible
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compared to the gradient of the pressure correction, eq. is simplified to

/ 1 ap/
Upi = —

(2.55)

ap 0x;

Then, by taking [2.52| into account, the continuity equation, 2.1} is written as

% 0 81}} B Ov;f

= — = — 2.56
8.1’]' 8:6]- 8:6]- ( )
Substituting [2.55] into [2.56] yields
o (1 0p ov’
(— P ) = (2.57)
Oz \ a, 0x; 0z
Eq2.57 can be further processed after taking into account,
0 <1 8p') 0 (A 1 8p*)
— = bp;— — o | =
Oz \ a, Ox; Oz, ap 0x; (2.58)

0 1 (9p . o Pj

or; \a,0x;)  Ox;

giving rise to the pressure equation. It should be noted that the presented algorithm
utilized by OpenFOAM to solve the primal equations, formulates eq2.58| from which
the pressure field, rather than the pressure correction one (usually computed through

more traditional variants of SIMPLE, [25], [2§], [40]), is obtained. The integration
of eq over a cell P with nb(P) faces yields

nb(P)_ nb(P) 1 ap
f=1 f=1 J !

In eqf2.59, Sy, are the components of the (dimensional) face normal vector, the
norm of which is equal to the face area. Overlines indicate a linear interpolation
of the variable under consideration to face f, using the values computed at the

neighbouring cells P and N. For an arbitrary variable ¢, the linear interpolation is

written as -
0
¢y = wpop + (1 —wp)on + a—¢ m; (2.60)
ZE'] f/
———
skew correction
where
d — = — = A
wp = —— dy=Pf-S; dy=fN-S; m=f (2.61)
dy + do

Symbols in egs. and are explained in fig[2.4 For the sake of simplicity,
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it will be assumed that vector m has a negligible length compared to the vector
connecting points P and N (low skewness values) and the last term on the r.h.s.
of eq. will be neglected hereafter. After numerically solving eq. [2.59] the new
pressure field is acquired. The velocity field, computed at the mesh cell centres, is

corrected based on the newly acquired pressure field

i
*
Up; = VUp,; + Up; =

vy = oy OV L O0

(R a,0x; ap Oz, (2.62)
—opy— L OP
IRt ap 0x;

Finally, the fluid volume flux at the mesh faces is updated through

ag

— 1 [ 0p
myg =vy;Sp; = 05;5f; — — (%Sj) (2.63)
i)y

The normal pressure derivative at each face is evaluated as

0 Ny kS 0 ns S
(_p )  (pw — pp) DLk OP (vaj_ﬂdpw) (2.64)
! !

J
oz g n f,mdPN,m o0z j n f,mdPN,m

where n is a unit vector, normal to face f and the rest of the symbols in eq.
are explained in [2.5] The normal pressure gradient at each face is evaluated as

0 nepS 0 nepS
(—pS]) = (pN — pp) k2 1k + P (Sﬁj — MdPNJ) (265)
f f

837]' nf,mdPN,m 655]' nf,mdPN,m

where n is a unit vector, normal to face f and the rest of the symbols in eq.
are explained in fig. [2.5] To sum up, the steps of the SIMPLE algorithm used to
solve the primal equations are:

1. Solve eq. in order to acquire a velocity field, v. The computation of

v} is based on the pressure field p* and the volume flux my (required for the

computation of ap and ay) of the previous iteration of the algorithm (or the

initialization).

2. Compute Up; through eq. and interpolate its values to the cell faces using

a linear interpolation scheme.
3. Solve eq. to compute the pressure field p.

4. Update the volume flux my through eq. [2.63| The volume flux will be used in
the solution of the momentum equations in the next iteration of the algorithm.

23



. Explicitly relax the pressure field, i.e.,

Prew = ap + (1 - Oé)p*

where « is a user—defined relaxation factor. The new pressure field p,e, Will
be used as p* in step 1 of the next iteration of the algorithm.

. Update the velocity fields v; at the cell centres using the new pressure field

Pnews €q. [2.62]

. Solve the turbulence model equations, segregated from the mean flow ones.

. If the desired level of convergence is met for all equations, terminate the run.
Otherwise, go to step 1.
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(b) Bottom view of the computational domain. The inlet St is marked with a blue color
and it is the inlet of the defroster nozzle. The outlet So is marked with red and it is an
area close to the trunk of the car. The walls Sy are the remaining surfaces of the cabin.

Figure 2.1: Computational domain of the main model simulated. Definition of the
inlet and outlet areas.
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(b) Computational domain Q2 and target volume Qg in top view.

Figure 2.2: The thin target volume Q4 where the objective function is computed is
marked with red color.
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Figure 2.3: Mesh cell, centered at P and one of its adjacent mesh cells centered at
N. The two cells share a single face f [6]

Figure 2.4: Linear interpolation of the face value based on the adjacent cell values.
Point f/ 1s the intersection of the virtual segment dpn with the face centered at f.
Vector m connects points f and f. The ratio |m|/|dpn| is defined as the face
skewness. The linearly interpolated value of a wvariable ¢ at f is approximated by
computing the value at f and, then, correcting for face skewness using the last term

on the r.h.s. of eq. |2.601 If the face skewness is small, points f and f practically
coincide and the skewness correction can be omitted [6].

S

P. dpn HN

Figure 2.5: Fach internal mesh face belongs to two cells. The cell with the lower cell
number is characterized as the “owner” of the face (P) and the other cell (N ) becomes
its “neighbour”. The normal vector S, dimensioned with the face area, points from P

to N [6].

27



28



Chapter 3

Shape Morphing

3.1 Introduction to the morpher

As mentioned in chapter [, a mesh parameterization and movement strategy is
needed to perform an automated shape optimization loop. In our case, the shape
morpher used is based on volumetric B—splines, which can be seen as a Free Form
Deformation (FFD) method. The morpher is coupled with the adjoint solver of
PCOpt/NTUA, [20].

Some of its main characteristics are the following:

e A box (3D space) is defined, where a structured grid of control points for
volumetric B-splines is generated.

e The CFD mesh points included into the box are parameterized with these
control points which are, finally, our design variables.

e The displacement of the control points in each optimization cycle, corresponds
to a displacement of the surface and volume nodes of the CFD mesh.

3.2 Mathematical background

The FED tool as presented in [20] makes use of B—splines defined in 3D space, the
so—called volumetric B—splines. So as to understand its properties that give so many
advantages to the morpher, a few mathematical details are explained, [22], [12], [20].

A B-spline is a generalization of the Bezier curve. It turns out that by adjusting
the construction of Bézier curves slightly, we can produce pieces of polynomial curves
that automatically tie together smoothly. These piecewise polynomial curves are
called spline curves.
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In their simplest forms, both methods produce polynomial curves that can be
expressed as

g(u) = Z Fi(u)a; (3.1)

where d is the polynomial degree, a; are the coefficients and F;(t) are the basis

polynomials.

The difference between the two methods lies in the choice of basis polynomials,
or equivalently, how given points relate to the final curve. For Bezier and spline
curves, the coefficients are control points with the property that the curve itself
lies inside the convex hull of the control points, while the basis polynomials are
the Bernstein polynomials and B-splines, respectively. Although both methods
are capable of generating any polynomial curve, their differences lead to different
polynomial representations.

A Bezier curve or spline curve can conveniently be manipulated interactively
by manipulating the curve’s control points. It is also quite simple to link several
Bezier curves smoothly together. Nevertheless, the disadvantage of Bezier curves is
that the smoothness between neighbouring polynomial pieces can only be controlled
by choosing the control points appropriately. In other words, the advantage of
spline curves over Bezier curves is that smoothness between neighbouring polynomial
pieces is built into the basis functions (B-splines) instead of being controlled by
constraining control points according to specific rules.

3.2.1 B-spline curves

A B-spline is a parameterized curve z(u) that is defined as a linear combination of
b; € [0,n] control points and B-spline basis functions U; ,(u) with a degree of p [22].
The curve is described as

z(u) = Z Us p(u)b; (3.2)

Equation can also be used to obtain the y(, z) coordinates of a monoparametric
curve in 2D(,3D). A B-spline is a piecewise polynomial function of degree p. In
order to define the basis function U, ,, a set of knots which is a non decreasing
sequence, known as the knot vector, &;,i € [0,m],m = n + p + 1 must first be
defined. The knots &,+1,...,&n—p—1 are called internal knots. A B-spline with no
internal knots is a Bezier curve. The uniform knot vector is given as

£=100,....0 Nty (3.3)

1
H/—/’N,”w N ——
p+1 p+1
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where N = n — p+ 1. This knot vector results to closed curves, this means that
we get curves that pass through the first and last control points. The number of
control points has to exceed the curve degree by at least one, i.e. n > p. The basis

function is given by

1 if§i<u<§¢+1

Ui u) = o 3.4
70( ) 0 elsewhere (3.4)
U — g i — U
Uipl) = 25 0 () + S () (3.5)
é-z—l-p gz £Z+P+1 §1+P

During the computation of the basis functions values, the quotient 8 may appear
and its value is defined to be 0. Two consecutive knots define a knot span.

The degree p determines the extent of the effect of control points. In other words,
each basis function (and in consequence, each control point) is affecting only points
with a parametric coordinate residing in the p 4+ 1 knot spans defined by [€, &4 pt1)-
This gives B—splines curves the desirable property of local support, i.e. a certain
part of the curve can be altered by keeping the rest of the curve intact. The range
of locality can be controlled by changing the curve degree p, where smaller p values
correspond to more localized support. So, control points have a stronger attraction
to the curve corresponding to the lower degree basis functions, as it can also be seen
in fig. [3.1}

Knots can have a multiplicity greater than one [22], i.e. the representation
is therefore valid even if some of the knots occur several times. Since B-splines
curves are piecewise polynomial functions, they are continuously differentiable in
the interior of each knot span. The curve continuity is finite only at the knots. A
curve is p — k times differentiable at a point where k duplicate knot values occur.
This means that if the knots are all distinct, then a linear spline will be continuous,
a quadratic spline will also have a continuous first derivative, while for a cubic spline
even the second derivative will be continuous. Predetermining the curve (or surface
in 3D) continuity is a very desirable property for a mesh movement algorithm as
well, since the deformed shapes are guaranteed to have a user—defined level of surface

continuity, facilitating the manufacturing process.

3.2.2 Volumetric B—splines

The volumes in B—spline form based on B—spline basic functions are now analyzed.
It is defined with all attributes as B—spline curve, however, here there are three
parameters u, v, w and the definition is similar to the case of curves. The properties
of B—spline volumes are similar to the properties of B—spline curves.

The cartesian coordinates x = [x1, x2, 23] = [z,y, z]T of a CFD mesh point that
is chosen to be parameterized, which means that it is residing inside the boundaries
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defined by the control grid, are given by
I J K
T, 0,0) = D N Ui () Vg (0) Wi ()13 (3.6)

where u = [uy, ug, u3]” = [u, v, w]T are the mesh point parametric coordinates,U, V, W
are the B-splines basis functions and pu, pv, pw their respective degrees.bi?® m €
[1,3],i €[0,1],7 €[0,J],k € [0, K], signifies the cartesian coordinates of the ijk—th
control point of the 3D structured control grid, where I, .J and K are the number

of control points per control grid direction.

As long as the parametric coordinates u of any parameterized point are known,
the computation of its cartesian coordinates is straightforward, at a negligible com-
putational cost. Mesh parametric coordinates can be computed with accuracy, since
a mapping from R3(z,y,2) — R3(u, v, w) is required. This means that volumetric
B—splines can reproduce any geometry to machine accuracy. This is not, for in-
stance, the case when using surface NURBS fitting, where an approximate mapping
R3(z,y,2) — R(u,v) is performed.

Given the control points position, the knot vectors and the basis functions de-
grees, the parametric coordinates (u,v,w) of a point with cartesian coordinates

r = [7,, ¥y, 2]7 can be computed by solving the system of equations

z(u,v,w) — x, =0
R(u,v,w) = |y(u,v,w) —y, =0 (3.7)

z(u,v,w) — 2z, =0

where z,,(u,v,w) are computed through eq based on the given b values. The
3 x 3 system of eq[3.7 can be solved independently for each parameterized mesh
point numerically, using the Newton—-Raphson method, for which is necessary to

Ozm
ouj ’

puted analytically through a closed form expression resulting by differentiating eq.

compute and invert the Jacobian m,j € [1,3]. The Jacobian matrix is com-
3.6l with respect to the components of u. Since the evaluation of the parametric
coordinates of each point is independent from any other mesh point, this phase may

run in parallel.

The aforementioned process has to be done only once and can be seen as the
“training phase” of the method. Then, after moving the control points, the cartesian
coordinates of each (internal of boundary) mesh point that resides within the control
grid can easily be computed through eq. at a very low cost. In addition, since x,,
depends only on (u,v,w) (which remain unchanged whatever the change in b might
be) and b, the deformed meshes are step—independent. This means that, for a given
final control points position, the same mesh quality will be obtained independent of
the number of steps taken to reach that position. This is not, for instance, the case
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for RBF-based or Laplacian—based mesh movement algorithms.

3.3 Optimization Algorithm

To perform an automated CFD shape optimization loop for the defroster nozzle,
as it is mentioned before, the in—house adjoint solver coupled with the in—house
morpher was used,[20]. The steps of the shape optimization algorithm are listed
below:

1. Define the 3D space (box) to enclose the part of the geometry to be optimized.
Moreover, define the control points number and the basis functions degree
according the logic explained above. A structured control grid is created.

2. Find the CFD mesh points residing within the control grid. These points
are to be parameterized and then displaced, according to the control points
displacement.

3. Compute the parametric coordinates for each of the points found in step 2.
The computational cost of this step increases with the number of control points

and the number of the mesh points to be parameterized.
4. Solve the flow equations.
5. Compute the objective function value and apply the termination criterion.
6. Solve the adjoint equations.

7. Compute the objective function gradient w.r.t. the boundary CFD mesh nodes

to be displaced, i.e. fx—F (surface sensitivities).

8. Project the surface sensitivities to control points in order to compute the

control points sensitivities,
SF A~ OF 6ad,
D DD Dl (3.8)
j=1m=1""m =7t

where n, is the number of boundary mesh points to be displaced. In the

general case, the control points are allowed to move on all the three directions,
however it is possible to confine the displacement in one, or even two directions.
As it was previously mentioned, one of the beneficial properties of B—splines is
that smoothing is included in the nature of the basis functions. Consequently,
no smoothing of the computed sensitivities is required. The quantity % is
computed analytically by differentiating the linear eq. w.r.t. b;.
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9. Update the control point coordinates. In this thesis, the steepest descent

10.

11.

formula is used,

OF
bh=b"t —p— .
i = 0; n 5, (3.9)

where 7 is a positive number that defines the step of the descent and [ is
the current iteration. Apart from the steepest descent method, there are also
other algorithms based on the gradient of the objective function or even on the
Hessian matrix, such as quasi—-Newton methods like BFGS, Newton method,
conjugate gradient, etc [24], [29], [13]. The boundary points of the control grid
are kept fixed in order to prevent an overlapping between the parameterized
and non—parameterized areas of the CFD mesh.

Compute the new surface and volume mesh points positions, using the already
computed parametric coordinates associated with each one of them.

Move to step 4.
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Figure 3.1: On the top row graphs, for each u, the sum of the basis functions values
equals unity. On the third graph, two B-splines curves generated by multiplying the
basis functions in the top graphs with the control points depicted by the control polyline.
The cartesian coordinates of the curve are given by eq. for b = [bi,b;]T,QD
vector of control points. The curve corresponding to lower degree basis functions is
more strongly attracted by the control points.
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Chapter 4

Simplified Study with Validation:
Isolated Defroster Nozzle

Simulation methods have become more prominent at different stages of vehicle de-
velopment programs. One of the major concerns with simulations is the accuracy
of the results. Experimental validation data is required to build confidence in the
simulation results, [9].

The main challenges one has to tackle in order to achieve reliable CFD results
is to have a good quality of mesh that suits the physics of the fluid problem and
an appropriate flow solver. In order to get validate CFD on a simple case with low
computational cost before heading to the main target of the adjoint based optimiza-
tion of the defroster nozzle, an intermediate step was necessary. For that reason,
a pressure measurement of the duct was performed and the equivalent CFD model
and simulation were realized. The results were compared and the CFD process was
successfully validated.

At this point, it is essential to keep in mind that a steady flow solver is used
though, in some parts of the domain, unsteadiness may appear. This can be observed
looking at the fluctuations of the residuals of equations. However, the study of an
unsteady flow has high computational cost and it is decided herein to stick only
with steady flow simulations. The convergence using the steady—state solvers for
both the primal and the adjoint problem is more than satisfactory, as shown in the
following sections.

4.1 Measurement Setup and Results

The pressure measurement of the duct was performed according to the method
described below. The measurement setup is based on the use of a pressurized mini
chamber. A mini chamber with dimensions of 1 x 1 x 1 m is made. A smaller box
(0.15 x 0.2 x 0.4) m is attached to it so as to help the positioning (connection) of
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the defroster nozzle, and also facilitate the transition of the flow to the nozzle. The
static pressure measurement location is the center point of the upper face of the
chamber. This point was chosen as no intense flow phenomena happen there. The
static pressure is almost equal to the total pressure at this point of measurement,
since very little low velocity air is expected to reach the upper and lower sides of
the pressurized chambelﬂ This hypothesis will later be confirmed by CFD. During
the measurement, four different airflow volumes have been applied (using a throttle
valve to adjust the airflow), and the resulting pressure was measured. The airflow
was provided by a fan, connected to a callibrated bellmouth (conical inlet nozzle)
so as to have an accurate control of the airflow. The air is trasferred from the fan
outlet to the chamber by means of a flexible hose. The airflow is computed using
the pressure drop across the setup, from the inlet (atmospheric pressure) to the
point of measurement, measured with a manometer. This pressure indicated by the

manometer is the pressure used for the comparison of results. The setup can be seen
in fig [4.1}

In order to validate the pressure for different conditions, two cases were measured,
see figll.I In the first case, the outlets of the duct where all open. In the second
one, the side outlets were taped.

>
"l" ¥
O " AT T\ T A

—— f———

Figure 4.1: Setup of the pressure measurement. It includes a mini chamber with
dimensions of 1 x 1 x 1 m. A smaller bozx (0.15 x 0.2 x 0.4) m is attached to it, on
its Tight side, in order to facilitate the transition of the flow towards the nozzle itself.
The static pressure measurement location is the center point of the upper face of the
chamber.

!Bernoulli’s principle: p; = pgt + %pu2 + pgz = pg for this case.
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Pressure Measurement Cases

1% case: all outlets open | 2" case: side outlets closed
100 100
Airflow volume (m?/h) ;88 ;(5)8
250 250

Table 4.1: Cases for which static pressure was measured.

4.2 Meshing and Simulation

So as to validate the CFD method an accurate mesh model of the measurement
process had to be produced. For that reason, a mesh that included the chamber,
the transition mini box and the inner skin (inside walls of the CAD) of the defroster
nozzle was developed. The inlet patch was determined as the circular disk that
corresponded to the area of connection between the tube of the fan and the mini
chamber. The outlet patches for the first case were the main outlets of defroster
nozzle that guide the air to the windshield and its side outlets that guide the air
to the side defrosters. The outlet patches for the second case were only the main
outlets of the defroster.

In each simulation, the inlet Dirichlet boundary condition for velocity was cal-
culated according to the corresponding value of the airflow volume. Wall boundary
conditions were provided by the standard high—Re wall functions of the OpenFOAM
CFED toolbox, for k and e.

As the aforementioned geometry of the model is symmetrical, to reduce the
computational cost only half of the flow system is modeled, by applying symmetry
conditions.. The resulting mesh which is stretched in the areas of the most intense
flow phenomena, for the first case shown in figld.2] has 2539325 cells, of which 552602
are prisms, 1574 are pyramids and the rest 1985149 are tetrahedra. For the second
case, that is slightly different due to the layers along the former side outlets that
are now considered to be wall patches, the mesh has 2363873 cells of which 554092
are prisms, 1598 are pyramids and 1808183 are tetrahedra. The mesh was provided
by BETA CAE Systems to TME.

The simulation was run until the convergence criteria were satisfied, namely for
about 20000 iterations. A solution is considered to be converged when the flow vector
and scalar fields are no longer changing, but usually this is not the case for unsteady
flows. Most flows in nature and industrial applications are highly unsteady. A good
practice to check the convergence is to monitor the residuals. The residual measures
how much the approximate solution fails to satisfy the governing differential equation
and boundary conditions. However, as in some cases it is possible that the residuals
cannot reach full convergence, it is advisable to also monitor a physical quantity

39



1
AVAVAVAVAVAVAVAVAVAVAVAL G S AAVAVAVAVAVAVAVAVANAN Y il
A vA VAV VAVAVAVAAVARASe T AT
I AAAAIAN APV AAVTAWaVAVAAT R A A AR AR RIS DA

A ATAVAN AT, T AN AV AV AVAVATATAVAVAVAYAY5, S AV AVAVLVAAVAYAATAT S
AN A VAT R KA
FAVAVANAYETAV, 1 A S e NL YA AR AN VA IVaVLVAVAVAY SR

i P AATANAVAVAVAVAN A e e v WAV AVLVAVAN v g

R Roco0ods !

i I Tavs, 5 i

i Rl SRR AT AN il

ROt SRR
H KR Aravay iy, £l il
I O S VAWV A T AVAVA YA il
i g g AATS e AV e

H PRl R0 AT ATAYAY 9 m

I ISR vy Il

i L peo i ERg i

I S hyitE g m

U o 1 S P

il LS4T LT Ot g Il

i SRk Shae i

: [ S m

I e ] Il

I B aTAT e ] il

I Bt sy n

I RElats g il

e TR

I g PR i

: Rael L |

1 IR REEE i

I R R I

£} LR

] R e i

i 4%';'.&@' i Ay il

I R BB T

I R R R i

Ay e AYAS v

iR i ROk LS Ol H
Mo H RIS R A AP KRR H
AVAVAVAVAVAVAN i g S VATAVAV Y, FOus e rArAVAVAVAY I i b il

B AVA AL VAVAVL Y, H RO EATAVAVA Y e e AVANVAVAVAWA Y ol i g
FaVANAVAVAVAVAVAVAVAY g B Y AVANANAVAVAV Y. ¥ vivs R RvATAANA A,y tiy gy gl
AV ATV AN AV AN AV AV AVAVAVAY, H AV A AT AV AVAV VAT A A" e ATATAVAVAVARAVAATAY A g g o AT
VAVAVAVAVAVAVAVAVAVAYS ] VAV AVAVAV Ay i e AVAVAVAVAVATAVAVATAVAY - Il

PuraYAVAVAVAVAVAVAVAVAVAVAVATLY B AVATSY s ol

Vo S AV AVAN AN AN AV ALy A Sy AVAVAVAVAVAVAWAWAVAV . = 2l

AVAVAVAVAVAVAVAVAVAVAVAVAVAY B VAl HanA) ASTR

Ay i a e AV AVANAVANANAVAVLY, y. AL e AV AV AN A VAT LAV AVAVA i yavet 1
TR N A AT i NV VAV IVATANATAVAC gL |
KT [AALTL o PAVAAVAYAY <A
IR A A YAV AV A AV ATAVAVAa v S 5 NN AN NSRS

s RN AVAV AV AV AV AV Ay, 5 VA AVAVANAVAVAVAVAVA A,""'\

(a) Half model side view. (b) Half model volume mesh view.

Figure 4.2: Views of the mesh model used to simulate the pressure measurement.
The inlet is at the bottom, a circular half disk (with the same diameter as the flexible
hose of the test) which is providing the airflow corresponding to each measurement,
that flows through the chamber and exits through the outlets of the defroster nozzle.
The outlets for the 1 case are all the outlets of the duct, while for the 2"¢ the side
outlets are sealed.

representative of the case. If this physical quantity does not significantly change
in time (in the case of a steady—state problem) we may say that the solution is
converged. In these CFD runs the pressure at the point of the measurements during
the tests seems the most appropriate quantity to monitor. The convergence graphs
for one of the above mentioned simulations that were run (two cases of four airflows
each) are shown in fig. The convergence of the physical quantities in this thesis
are focused on the last thousands of iterations only, in order to show the small
changes that happen as steady—state is approached. Also, the scale is normalized.
The physical quantity value is divided by the maximum value monitored along the
run and the percentage is presented.

For visualization of the simulations run in OpenFOAM, the ParaView software
was used. The post—processing figures in fig. [£.4] show the velocity and pressure
distributions for one of the above cases.
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4.3 Comparison between CFD and measurement

Comparing the CFD results with the measurement the result is a very good agree-
ment as can be seen in tab. [£.2] In the first case, the comparison shows almost
identical results, however, in the second case where the side outlets of the nozzle are
closed, the pressure measured is constantly smaller than the CFD pressure at the
same point. This can easily be justified because the use of tape to seal the outlets
does not assure the closure to be watertight, so leakage is highly possible. The higher
the airflow, the more the tape is vulnerable resulting to bigger leakage. That is the
reason why the deviation percentage is continuously increasing with airflow. As a
consequence, the correlation results are considered as very accurate and justifiable.
Another way to visualize the good correspondance between CFD and measurement
can be seen in fig. where the errors of the performed test due to the measuring
tools accuracy, are also taken into account.

Airflow | Deviation| Deviation
volume | (%) for | (%) for
(m3/h) | 1% case | 2™ case

100 +1 +5
150 +0 +7
200 +0 +8
250 +1 +9

Table 4.2: Deviation of CFD and measurement for static pressure. The point of
measurement is the center of the upper side of the chamber. In all the cases the
pressure from the CFD simulation was slighly higher than the corresponding pressure
measured. The 15 case refers to the measurements taken while having all the outlets
of the nozzle open, while the 2" case refers to the measurements taken while having
only the main outlets open and the side outlets closed with tape.
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(a) Non-dimensional residuals are reduced by more than 4 orders of
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(b) Convergence of pressure at the point of measurement. The graph is
focused on the last thousands of iterations where, the point of interest
has reached the steady—state solution. The pressure in the y — axis is
normalised, by being divided by its mazimum value that appeared during
the run.

Figure 4.3: The convergence graphs shown are specifically for the first case where all
outlets were open and for the first airflow volume of 100m3/h. The graphs concerning
the other cases were similar to these.
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] U Magnitude

(a) Pressure distribution (b) Velocity distribution

U Magnitude

(c) Streamlines

Figure 4.4: The above figures refer to the first simulation run, that of the 15 case,
for airflow volume of 100m?/h. Blue corresponds to lower values while red corresponds
to higher. In the first two figures, pressure and velocity distributions accross a plane
of the CFD model are shown. The third figure shows the streamlines emitted from seed
points at the inlet of the domain to the outlet. There is a recirculation of low velocity

air close to the side—walls the pressurized box, though the main airflow is directed
towards the nozzle.
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Figure 4.5: Correlation of CFD and measurement results. Pressure is normalized to
the highest pressure measured by CFD. The CFD results on the 1% case (all outlets
open) are not only within the range of the errors of the test but they almost coincide
with the measured static pressure. On the 2™ case (side outlets closed), the CFD
results are not within the accepted range. The CFD pressure was found to be constantly
a bit higher than the measured one. This can be justified due to small leakage from the
taped outlets. However, even in this case, the correlation is considered as quite good.
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Chapter 5

Full Model Study with Validation:
Defroster Nozzle & Cabin

The main target of this diploma thesis is to improve the demisting and defogging
performance of a car. To be able to proceed to the optimization process, it is firstly
necessary to solve the primal problem so to simulate the flow under consideration.
The blower of the HVAC unit provides the defroster nozzle with an airflow which
directs hot and high velocity air jets towards the windshield. Afterwards, the air
flows to the whole cabin of the car and exits through a flap, located in the rear
of the passenger compartment, to the outside. This case will undergo CFD-based

simulation.

5.1 Measurement Setup and Results

To begin with, it is important to somehow verify the validity of the CFD results also
in the main case of interest. The target is to achieve good accuracy of the computa-
tion of the velocity pattern on the windshield. For that reason, a measurement using
hot—wire anemometer has been performed, so as to experimentally measure the ve-
locity field in the vicinity of the defroster nozzle jet flow and windshield interior
surface [§], [9]. Hot—wire anemometry provides quantitative velocity measurements
that are useful for determining defroster and windshield air flow and validating the
numerical simulations, according to [9],[5]. To setup the test, a grid with 100mm
spacing is drawn on the windshield,[§], fig. . The HVAC blower is controlled by
constant voltage with external power supply so that the defroster nozzle is provided
with constant airflow during the experiment. Velocity is measured at each point of
the grid using the hot wire anemometer, fig. [5.1b] The velocity cannot be measured
on the exact surface of the windshield, since this is zero due to the no—slip condition
It will be measured at a number of points located on a surface 7mm away. This
distance comes from the fact that the hot—wire anemometer is laid on the inner
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surface of the windshield and this results having the tip of the measuring tool 7mm
away from the windshield. It happens, also, that this is the standard depth where
the hot—wire measurements are carried out according to [g].

(a) Measurement grid from the outside.
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(c) Measurement grid from the inside.

Figure 5.1: Setup of the velocity pattern measurement.

The measured velocity pattern shown in fig is not symmetrical because
the instrument panel is asymmetrical. On the driver’s side, the meter close to the
steering wheel is creating this asymmetry that is affecting the flow exiting from the
defroster nozzle, towards the windshield. Moreover, on our simulation we consider
the HVAC blower to provide uniform flow, which is the ideal case, but this does
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not happen in reality. To be more accurate, the whole HVAC unit should have
been included in the simulation [27] however this would have big computational
and timing cost. Futhermore, another reason why the two compared patterns are
not identical is that the possible error of the hot—wire anemometer and the flow
disturbance effects caused by it, see fig. [5.1D] also affect the flow. Also, during
the measurement, the side outlets of the defroster that provide with hot air the
passengers (face outlets) through the side ducts, were taped so leakage is highly
possible. Last but not least, in a real car, there is air leakage through the doors
and other parts, so the mass flow finally available to the windshield through the
defroster is significantly lower than the one provided from the blower. For all these
reasons, we expect the velocity pattern provided by the CFD run to be different
with the measured one, to have bigger range of velocities and be more symmetrical.

However, in general it should give a similar pattern qualitatively.

5.2 Meshing and Simulation

To obtain sufficiently accurate CFD results, it is vital to create a good quality mesh.
A good mesh means that it has a good description of the surface of the important,
at least, geometries included. Furthermore, it means that it should comply with
some quality criteria that vary according to the CFD solver used.

In the current case, to speed up building the model, CAD data was only used
for parts where high accuracy was needed (defroster nozzle, windshield, instrument
pannel on the outlet of the nozzle, mirror) fig. 5.2l Already available laser scanned
surface data is used for the rest of interior. This procedure was followed, because the
process of gathering and handling the dozens of the CAD parts included in the cabin
of the car can be very time consuming. Furthermore, dealing with the CAD data
demands to isolate the inner skin of the parts, before meshing, which is not a trivial
task. Last but not least, since according to [4] interior vehicle surface geometry
can be simplified to reduce simulation time while keeping acceptable accuracy, the
aforementioned procedure is justified.

After geometry clean—up, CAD data was precisely stitched to STL data. Mesh
refinement boxes are defined to achieve high accuracy where needed while balancing
overall computational cost, [27]. In that way, multiple mesh regions are created in
order to accomodate different mesh size in the front cabin, where finer mesh was
applied for better accuracy, while in the rear part coarser mesh was chosen. In this
model, the inlet patch of the defroster nozzle was set as the inlet patch of the whole
cabin flow and as outlet, a rectangular patch at the trunk of the car was created.
The resulting mesh has 8399341 cells of which 2435602 are prisms, 7958 are pyramids
and the rest 5955781 are tetrahedra fig. [5.3b] The surface mesh consists of 624470
cells. The mesh was provided by BETA CAE Systems to TME.
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Figure 5.2: CAD data of the important parts of the model: defroster nozzle, instru-
ment panel outlet, windshield, mirror.

The boundary condition for velocity imposed at the inlet is dictated by the
corresponding airflow applied during the measurement. The Reynolds number of
the flow is approximately 20000, based on inlet hydraulic diameter. Wall boundary
conditions were provided by the standard high—Re wall functions of the OpenFOAM
CFD toolbox for k and e.

The solution was converged after 40000 iterations when the convergence criteria
were satisfied. Apart from the convergence of the residuals, the corresponding mesh
node of one point of the grid that was created at the test (shown in fig. [5.1¢) was
tracked and its velocity magnitude was monitored during the run. The corresponding
graphs are presented in fig. [5.4}

The results where post—processed in order to visualize the flow in the cabin and
especially close to the area of interest,i.e. the windshield. The streamlines near the
windshield can be seen in fig. [5.5) The flow fieds on a cross section can be seen in
fig. The highest magnitude of velocity and the highest absolute pressure are
inside the defroster duct and, then, close to the windshield. In the rest of the cabin
there are no intense flow phenomena, as expected.

The velocity pattern close to the windshield was also visualised in order to be
able to evaluate it and decide the optimization target (objective function) in a way
to improve it. As it can be seen in fig. [5.7] the current pattern has low velocity air
reaching its upper part, delaying the defrosting process.

5.3 Validation of the Velocity Pattern

The results of the CFD simulation are then post—processed to extract the value of
the magnitude of velocity at the grid points that we created during the test, [27].
The two resulting 2D velocity distributions shown in fig. are then, compared
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(a) Watertight model.
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(b) Computational mesh of the model with almost 9 million cells. The darkest areas
correspond to more dense surface and volume mesh, where high accuracy is needed. This
was achieved using refinement boxes.

Figure 5.3: CFD model and mesh. The inlet to the computational domain is the
inlet to the defroster nozzle, while the outlet is a rectangular patch at the rear of the
cabin.

49



and the comparison between the CFD and test results is judged as good enough,
given the above mentioned problems of non—-symmetry, the leakage, the errors of
the measurement and the flow disturbance effects that come from the holding of the
measuring tool by hand. CFD analysis results and measured results are in good
agreement and similar pattern can be observed visually. Consequently, the CFD
simulation provided a quite accurate solution of the flow and that allows to proceed
to the next step, the solution of the adjoint equations.
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(a) Non-dimensional residuals are reduced by more than 5 orders of
magnitude. The fluctuations of the residuals are due to the use of a
steady state solver (for reasons of reducing the computational cost), even
though slight unsteadiness appears in the flow.
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(b) Velocity magnitude at one corresponding point of the grid created
during the measurement, close to the windshield. The graph is focused
on the last thousands of iterations where, even though the residuals are
fluctuating, the area of interest (close to the windshield) has reached
the steady—state solution. The velocity magnitude in the y — axis is
normalised, by being divided by its mazrimum value that appeared during
the run.

Figure 5.4: Convergence of the primal problem. The residuals and the convergence
of the velocity magnitude close to the windshield are satisfactory.
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U Magnitude

(a) Streamlines from inlet to outlet.

U Magnitude U Magnitude
. B | .
(b) Streamlines near the windshield. (c) Streamlines on the windshield.

Figure 5.5: Streamlines emitted from seed points at the defroster inlet, indicate
the presence of small vortices of low welocity air at the bottom of the windshield,
below the level where the jet flow starts to be attached to the windshield. The jet flow

stays attached almost up to the level of the rear view mirror where it starts again to
recirculate.
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(a) Pressure distribution accross the symmetry plane. Inside the cabin, pressure is almost
zero while in the duct, pressure takes ”big negative” values in some areas and ”big positive”
i some others.

U Magnitude

(b) Velocity distribution accross the symmetry plane. Inside the cabin, the magnitude of
velocity is almost zero while in the duct and close to the windshield, it reaches quite high
values.

Figure 5.6: Flow fields distributions across the symmetry plane. The color scale
used, indicates low values with blue color, medium with green and high with red.



U Magnitude

Figure 5.7: Velocity pattern close to the windshield provided by the CFD run. The
velocity magnitude contours shown are on a plane Tmm away from the inner surface of
the windshield. The air velocity distribution is colored indicating the low velocity areas
with blue color and the high velocity areas with red. It is obvious that the coverage is
considerably weak at the upper part of the windshield where low velocity air reaches,
while in the lower part, close to the defroster nozzle outlets, the velocity is quite high.
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(a) 2D welocity pattern from CFD, extracting only the velocity magni-
tude on the same points used in the experimental measurements,
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(b) 2D welocity pattern from measurement.

Figure 5.8: Comparison between CFD and measurement for the velocity pattern close
to the windshield. The axes are indicating the position on the 2D grid created during
the measurement (see fig. . The values collected for each figure, from both CFD
and measurement, are interpolated for better visualization. The two figures have a
few differences, however, qualitatively they give the same velocity distribution. In both
experimental and CFD study, higher flow velocity is observed on the driver side of
the windshield rather than the passenger side, as expected. In general CFD analysis
showed the same trend with test data, using visual observation.
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Chapter 6

CFD-based Optimization of
Defroster Nozzle

6.1 Solution of the Adjoint Equations and Sensi-
tivity Map

The velocity patten acquired from both the CFD simulation and measurement,
as mentioned in the previous chapter, reflects the weaknesses of the current defrost
pattern. It is logical and also suggested by papers such as [10] that ideally the airflow
velocity distribution close to the surface of the windshield should be homogenous in
order to facilitate defrosting performance. Also, spottiness is not desirable from the
driver point of view. For these reasons the value of the target velocity is selected
to be constant all over the windshield in order to boost uniformity of the optimized
velocity pattern. Moreover, the fact that the upper part of the windshield has
currently low velocity air reaching it, it is a drawback for defogging performance
which has to be tackled through the optimization process.

Consequently, in order to force the pattern to improve, tackling these weaknesses,
we first set as target velocity a constant velocity vy, and as the target volume (the
volume in which the objective function is computed), an offset windshield 7mm
away of the inner surface of the real one, that has a thickness of 20mm. The cells
that happen to reside inside the defined target volume are those where the objective
function is finally computed. The target volume can be seen in fig. [6.1]

After defining our target velocity and target volume we are ready to proceed with
the solution of the adjoint equations and the acquisition of the sensitivity map. The
adjoint solver is let to run for a few thousands of iterations until the residuals become
quite low (below 10~7) and the adjoint fields are stabilized, see ﬁg The maximum
values of adjoint velocity and adjoint pressure can also indicate convergence, so they
are monitored during the run. The sensitivity derivatives are then calculated for the
defroster nozzle, that is the area which will be morphed.
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(a) Target volume side view. (b) Target volume top view.

Figure 6.1: Target volume is an offset windshield Tmm away from the the real one,
with thickness of 20mm, and it is the volume where the objective function is computed.
It includes 660104 cells of the computational domain. The target velocity vig, is defined
as a constant velocity magnitude for all the target volume.

The resulting sensitivity map can be seen in fig. [6.2] Blue color indicates areas
(cells) that should be pulled outwards while red indicates areas to be pushed inwards
in order to achieve a better velocity distribution on the windshield.

A sensitivity map illustrates the derivatives of the objective function w.r.t. the
normal displacement of the wall boundary nodes of the selected shape. Sensitivity
maps, in general, are used to highlight the areas where aerodynamic improvement
has the greatest potential and are a valuable tool for the designer, even if automatic
optimization is not applied.

Consequently, the sensitivity map is used to indicate the areas where a shape
change can have great impact in the flow. However, morphing the geometry using
raw information given to the sensitivity map is impractical, since it is quite noisy.
In order to compute the exact displacement of each point of the mesh (or each
control point, in our case) the steepest descent algorithm is used. Moreover, the
parameterization of the area to be morphed is performed using B—splines that have
the property to also smooth the computed sensitivities.

6.2 Automated Runs

For the automated optimization process, a tool developed by PCOpt/NTUA is again
used. The in—house adjoint solver developed in OpenFOAM is coupled with a mesh
parameterization and movement strategy based on volumetric B—splines, as analyzed
in chapter 8] After setting up the optimization and solver parameters, the loop is
running until the termination criteria are met (for example maximum number of
iterations) or until a non—acceptable mesh (in terms of quality) is produced.
Several optimization runs were performed until the most suitable new shape of
the defroster nozzle was produced. The runs differed in their parameterization, the
parameterized area and the target volume. The need to perform several optimization
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(b) Shape sensitivities on the back side of the duct.

Figure 6.2: Shape sensitivities indicate the change of the objective function F due to
normal discplacement of cells on the design boundary, in this case of the inside walls
of the defroster duct (g_ri) Here, blue highlights areas to be pulled outwards while red
areas to be pushed inwards so as to decrease the value of F', in other words to come
closer to the target.

runs, instead of only one, derives from the necessity of selecting the appropriate pa-
rameterization setup that gives more optimization potential, but most importantly
it is due to the fact that the manufacturing and the topology constraints are not
included in the optimization. At the end of each automated run, those are taken
into consideration, as the new candidate shape for the defroster nozzle has to be
manufacturable and fit inside the assembly of its neighbouring parts.

Run 1 The first run was a first attempt to get familiar with the setup of the
automated chain process and to get some initial results. The selection box that
includes the area to be parameterized and to be morphed, includes the defroster
duct only, excluding the areas of its inlet and outlet. A control grid of 3 x 7 x 9
control points with degrees of p, = 2, p, = 3, p, = 3 respectively was used, fig. 6.5
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Only the red control points are allowed to move. The rest are defined as frozen, so
as to prevent overlapping between the parameterized and non—parameterized points
of the duct and, also, to preserve fixed the inlet and outlet areas. The structured
grid (control box) included 497521 mesh points. The displacement of the control
points is confined in the Z direction so as to prevent overlapping of the mesh points.

Convergence is seen in fig The mesh displacement in the final (14**) shape
leads to 55% decrease in the objective function, fig. The comparison of the two
new shapes, along with the comparison of the v — vy, fields on the target volume

are shown in fig. [6.7]

Run 2 The parameterization setup was exactly as in Run 1, fig. [6.8f However,
in this loop, it was first tried to change the target volume. In some previous trial
loops it happened that the objective function was decreasing during the optimization
cycles, however the resulting pattern showed that this was achieved by decreasing
the high velocities at the bottom of the volume only, instead of also increasing
the low velocities at its top. So one of the two targets, which are uniformity and
higher velocities at the top, was not achieved. To strengthen the second and more
important target and make it more clear to the optimization, only the upper part
of the previous target volume was used.

The convergence of the optimization loop as well as the 17% decrease in the
objective function that is given by the 10*" shape produced can be seen in fig .
Moreover, the comparison of the two new shapes, along with the comparison of the
U — Vg, fields on the target volume are shown in the following fig. [6.10L

Compared to the previous run, the objective function drop is less, even though
the setup of the control points remains the same. That is due to the fact that
using only the upper half of the windshield as target volume, we strictly express
the necessity to increase the velocity magnitude there, rather than over the whole
windshield, which is more difficult to accomplish.

Run 3 Thisrun is applied by putting an extra restriction to the displacement of the
control points. Their allowed displacement is defined by averaging the displacement
of all the control points residing in an iso—x, iso—y and iso—z plane. In other words,
for example, all the control points laying in an iso—x plane are displaced in the
x—direction using the averaged x—component of their sensitivity derivatives. That
contributes in producing smoother shapes.

The selection box and the control grid of 3 x 7 x 9 control points with basis
function order set to p, = 2,p, = 3,p, = 3 respectively can be seen in fig. [6.11]
The control grid encloses 526157 mesh points. The displacement of the control
points is confined in the Z direction.

The loop convergence graph is shown on fig. [6.12] according to which the last
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produced shape, the 12" geometry, achieves 46% drop of the objective function.
The produced new shape compared to the initial one, as well as their v — vy, fields
on the target volume can be seen in fig.

Compared to the previous run, the objective function has decreased significantly
(even though the averaging of the displacements could imply less optimization po-
tential) due to the fact that the back row of the control points is now active, giving
the ability to deform bigger part of the initial geometry. The back row was previ-
ously frozen to prevent overlapping of the mesh there. However, in this run, with
this setup, this problem does not appear.

Run 4 In this run, averaging is of the displacements per iso—plane is applied too,
however compared to the previous run, the differences are that the displacement of
the control points is also confined in the Y direction, and that only the very top
row of control points is frozen, instead of the two top rows that are frozen in the
previous run. The parameterization setup was exactly as in Run 3, fig. [6.14]

The last produced shape, the 2"¢ geometry, achieves 43% drop of the objective
function. The produced new shape compared to the initial one, as well as their
U — Ugq, fields on the target volume can be seen in fig. [6.15]

This optimization run produces only one new shape as the 3"¢ mesh overlapps.
Consequently, the quality check fails and the run is terminated. Nevertheless, even
in one optimization cycle, the objective function achieves an impressive drop, due
to the fact that only the top row of control points is frozen, letting more nodes close
to the outlet of the nozzle to move. This displacement appears to have great impact
on the flow near the windshield.

6.3 Selection and manufacture of the new defroster
nozzle using rapid prototyping—Validation with
defrost test

From the above automated runs and the final new geometries produced, the most
suitable new shape, improving significantly the velocity distribution on the wind-
shield, is the one resulting from the 4% run. Its surfaces are very smooth, so it
is appropriate for manufacturing, and also the corresponding STL when placed in
the position of the initial defroster nozzle, in the assembly of its neighbouring CAD
parts, it fits. Consequently, this geometry is appropriate to be manufactured using
rapid propotyping and, then, placed in the vehicle to be validated with a defrost
test.

Rapid prototyping techniques are common for quickly fabricating models of
parts, appropriate for many uses, including testing. In this case, 3D printing is
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used to fabricate the candidate new defroster nozzle shape, provided in STL format.
The accuracy of the process is sufficiently high, giving a prototype suitable for our
purpose. The prototype is properly placed in the test vehicle, replacing the initial
defroster nozzle.

6.3.1 Defrost Tests

Windshield defrost patterns are obtained from cold room testing [9], [4]. To validate
the improved defrosting and demisting efficiency of the new defroster nozzle shape,
compared to the initial one, defrost tests for each defroster nozzle are performed.

To reproduce cold start condition, the vehicle is soaked for 6 hours at a tem-
perature of —20°C', in TME’s climatic chamber. Following the soak, a humiditity
generator of capacity 360¢g/h was used to form a frost layer on the windshield for
another 30min. Then, the vehicle’s engine is started, the defrost option is turned
on and the defrost test commenced. The pattern is recorded every few minutes and
the windshield is marked from the inside to indicate clearance areas.

The melting pattern for the original and the improved defrosters, for two different
time milestones are shown in fig. [6.16] In every instant recorded, the new defroster
nozzle geometry gives a bigger clearance zone compared to the initial one. At the
end, the new geometry results in clearing the windshield completely, in 15% less
time than the initial defroster nozzle.
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(a) Non-dimensional residuals are reduced by more than 7 orders of
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(b) Adjoint velocity magnitude at one point of the grid created dur-
ing the measurement, close to the windshield. The graph is focused on
the last thousands of iterations where, the area of interest (close to the
windshield) has reached the steady—state solution. The adjoint velocity
magnitude in the y—axis is normalised, by being divided by its maximum
value that appeared during the run.

Figure 6.3: Convergence of the adjoint problem. The residuals and the convergence
of the velocity magnitude close to the windshield are satisfactory.
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(a) Adjoint pressure distribution accross the symmetry plane.

Ua Magnitude

(b) Adjoint velocity distribution accross the symmetry plane.

Figure 6.4: Flow fields distributions accross the symmetry plane. The scale color
used, indicates low values with blue color, medium with green and high with red. The
adjoint variables are almost zero inside the cabin, but close to the the duct and the
windshield they take greater values as these areas have an impact on the flow in the
target volume.



Figure 6.5: Run 1: The boundaries of the control box as well as the active (red)
and the frozen (blue) control points define the mesh points to be parameterized and
displaced. The frozen control points help to avoid overlapping of the mesh between the
parameterized and the non—parameterized areas. In this case, the back row, the two
top rows and the two bottom rows of control points remain frozen.
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Figure 6.6: Run 1: FEvolution of the objective function during the optimization.
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(c) Original duct, side view. (d) Final duct, side view.

U-Utar

(e) Original pattern. (f) Final pattern.

Figure 6.7: Run 1: In the first row, the control grid nodes are colored based on
the v coordinate while in the second row, based on the u. The final shape has many
bumps and undercuts so it is not suitable for mass production. However, some of the
previous shapes, of previous optimization cycles, could be manifactured as they have
smaller displacement compared to the initial shape. The field shown on the target
volume is v — var N which green areas correspond to areas where the target velocity
magnitude vy, was reached, blue to areas with lower air velocity and red to areas
with greater air velocity than the target. Consequently, looking at the last row, the
comparison between the two patterns shows improvement in the coverage of the upper
part of the windshield, as well as increased uniformity.
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Figure 6.8: Run 2: The boundaries of the control box as well as the active (red)
and the frozen (blue) control points define the mesh points to be parameterized and
displaced. The frozen control points help to avoid overlapping of the mesh between the
parameterized and the non—parameterized areas. In this case, the back row, the two
top rows and the two bottom rows of control points remain frozen.
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Figure 6.9: Run 2: Fvolution of the objective function during the optimization.
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(c) Original duct, side view. (d) Final duct, side view.

U-Utar U-Utar
S N .
(e) Original pattern. (f) Final pattern.

Figure 6.10: Run 2: In the first row, the control grid nodes are colored based on
the v coordinate while in the second row, based on the u. The final shape produced has
many intense curves and undercuts so it seems inappropriate for mass production.
The features created could not be molded using a single pull mold so the suggested
shape could not be easily manfactured. The field shown on the target volume is v — Vg,
in which green areas correspond to areas where the target velocity magnitude viq, was
reached, blue to areas with lower air velocity and red to areas with greater air velocity
than the target. The objective function is not much reduced and this is reflected on
the result on the target volume. The coverage on the upper part of the windshield is
slighly tmproved, however there is more potential.
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Figure 6.11: Run 3: The boundaries of the control box as well as the active (red)
and the frozen (blue) control points define the mesh points to be parameterized and
displaced. The frozen control points help to avoid overlapping of the mesh between the
parameterized and the non—parameterized areas. In this case, the side rows, the two
top rows and the two bottom rows of control points remain frozen.
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Figure 6.12: Run 3: Fvolution of the objective function during the optimization.
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(c) Original duct, side view. (d) Final duct, side view.

U-Utar
- .
(e) Original pattern. (f) Final pattern.

Figure 6.13: Run 3: In the first row, the control grid nodes are colored based on the
v coordinate while in the second row, based on the u. The final control points position
indicates the fact that their displacement per iso—plane is averaged. In other words,
the right figures show that the active control points that belong to the same iso—plane
have the same displacement in that direction, that resulted from the averaging of the
component of the sensitivity derivatives on that plane, producing a smoother shape.
The field shown on the target volume is v — Vg tn which green areas correspond to
areas where the target velocity magnitude vy, was reached, blue to areas with lower air
velocity and red to areas with greater air velocity than the target. The resulting pattern
is much improved as the target velocity reaches almost the top of the windshield (target
volume).
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Figure 6.14: Run 4: The boundaries of the control box as well as the active (red)
and the frozen (blue) control points define the mesh points to be parameterized and
displaced. The frozen control points help to avoid overlapping of the mesh between the
parameterized and the non—parameterized areas. In this case, the side rows, two top
row and the two bottom rows of control points remain frozen.
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(c) Original duct, side view.

U-Utar
- .
(e) Original pattern. (f) Final pattern.

Figure 6.15: Run 4: In the first row, the control grid nodes are colored based on the
v coordinate while in the second row, based on the w. The final shape is very smooth
,due to the averaging per iso—plane of the displacements of the control points and it
seems to be suitable for mass production. The field shown on the target volume is
VU — Vgqr 0 which green areas correspond to areas where the target velocity magnitude
Vtar was Teached, blue to areas with lower air velocity and red to areas with greater
air velocity than the target. Consequently, looking at the last row, the comparison
between the two patterns shows improvement in the coverage of the upper part of the
windshield, as well as increased uniformity. The target is reached on the majority of
the cells of the target volume.
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(c) Original duct, second time milestone. (d) Final duct, second time milestone.

Figure 6.16: Defrost test of the original and the improved defroster nozzle shapes.
The melting pattern is recorded and marked on the inside surface of the windshield
every few minutes. The patterns in the above figures are compared for the same time
milestones, proving the improved defrosting efficiency of the optimized shape. Finally,
the windshield, with the new defroster nozzle shape, is completely clear in 15% less
time compared to the original shape.
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Chapter 7

Summary—Conclusions

In this diploma thesis, shape optimization using the continuous adjoint method,
developed by the PCOpt Unit of NTUA, was applied to the defroster nozzle, part
of the HVAC unit, of a Toyota passenger car. The high importance of the geometry
of this nozzle, as far as the demisting and defogging of the windshield is concerned,
led to the investigation of its shape optimization potential, improving the efficiency
of this vital function of the vehicle.

To begin with, the performance requirements of the HVAC system to dispel con-
densation or frost on the windshield within a reasonable time and perform uniform
defrosting all over its surface, was appropriately expressed in the form of a suit-
able objective function. This objective function, to be minimized, is the integral
of the difference of the air velocity from a target one over a thin control volume,
defined close to the windshield inside the car cabin. Moreover, the continuous ad-
joint method for incompressible, steady—state flow, was mathematically presented
in detail, along with the parameterization and shape morhing tool used (developed
by PCopt/NTUA), based on volumetric B-splines.

As a first comparison between a measurement and the simulation of the equiv-
alent CFD model, a pressure measurement including the defroster nozzle was per-
formed. The measurement setup included a pressurized cubic chamber, a small box
attached to it in order to facilitate the transition of the flow and the defroster nozzle
connected to the latter. Four different airflows were applied to the one side of the
chamber, with the air exiting from all the outlets in the first case tested, while in
the second one, the side outlets are sealed. During the above 2 x 4 cases performed,
static pressure was measured at the center of the top side of the chamber. This
setup was modeled with a 2.5 million cells mesh and solved using RANS in con-
juction with the k—e turbulence model, in OpenFOAM. The pressure measured and
the pressure derived from the CFD analysis on the point of measurement were very
close, validating the CFD simulation used.

The main target of this thesis, the shape optimization of the defroster nozzle,
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requires to simulate the flow coming from the defroster nozzle towards the interior
of the cabin and exiting from its back. For that reason, as a second step, a mesh
model of the defroster nozzle connected to the cabin, of almost 8.4 million cells was
created. The CFD simulation provided the flow fields necessary for the solution of
the adjoint problem but, also, a clear image of the current velocity distribution close
to the windshield. This velocity distribution was compared with the one acquired
through hot—wire anemometer measurement performed on a 10cm spaced grid, 7mm
away from the windshield. The results presented indicate similar velocity patterns,
validating the CFD simulation was in good agreement with the experimental study.

The third step was the solution of the adjoint equations and the use of the au-
tomated shape optimization process to produce new candidate geometries for the
defroster nozzle. Firstly, the use of the adjoint solver developed by PCopt/NTUA
in the OpenFOAM environment, gave the sensitivity map, a valuable tool for the
designer, indicating how the shape of interest should be morphed to reach the tar-
get (minimize the objective function). Afterwards, several automated runs were
performed, with their main differences being in the parameterization setup or/and
on the volume where the objective function is computed. The need for mass pro-
duction of the final shape requires more smooth/manufacturable surfaces, which
become possible with the technique of averaging the displacements of the control
points per iso—plane. This helpful feature was included in the in—house morpher.

The above process resulted in one final geometry, chosen to be the most appro-
priate for being manufactured using rapid prototyping so as to be tested, to validate
its improved defrosting capability, compared to the initial defroster nozzle geome-
try. The defrost tests performed using the initial and the improved shapes showed
significant improvement in the melting pattern on the windshield and decrease in
the total time required for the complete clearance of its surface.

More drastic improvement could be accomplished, by modifying the outlet shape,
or by applying a different approach, topology optimization using adjoint method,
instead of shape morphing optimization. In that case, the study would not begin
from the current defroster nozzle shape but from a 3D space or, even better, from
a draft shape.
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ITepiAndm

H rapoloa Simhwuatiny epyacio tapovoidlel ) yeron tng ocuveyols ouluyolg ye-
Y6d0u, mou avantOyUnxe and T Movéda Ilapdiining Troloyiotinrc Peuotoduva-
xc & Behtiotonoinone tou Topéa Peustiv tou EMII, o7to nepifdiiov tou hoyiopxo0
OpenFOAM, yio Ty Beltiotomoinom popghc EVOS ay Yol XAMUATIONOY, EVOC ETBUTL-
%00 OYUATOG, CUUTEQLAUBAVOUEVKDY TEQUUATIXWY BOXIUGMY TOU TeoyUaToTot i ay
oty Toyota Motor Europe (TME). O cuyxexpwévoc ayemyoc xhatiogol (oryw-
Y6¢ amonoyonoinong) Swdpapatilel onuovtind pdho ot Aettoupyio amomoyonoinong—
amoVduBwone tou avepodwpaxa (tapunell), puokvTtag TEog ouTtdy deouidec Vepuol
agpo LPNAAC TayUTNTAG, 0 omolog TapéyeTon amd TNV povdda xhuatiopol HVAC —
heating, ventilation and air conditioning tou oyAuatog.

Egboov o facixéc amouthoelg anddoong, Ue xpithpia anomayonoinong-anoddufunong,
YL EVaY oy wYO XAUOTIOUNOU VAL 1) IXOVOTIOUNTIXY ToyUTNTOL XAk 1) OUOLOUop@ior Tou
notiBou xadopiopol Tou mopumell, o yedvoc mou amouteiton Yoo TNV e€AAEWPn cuUTU-
AVOUATOC 1 TYOU OTNY E0KTERIXY| X EEWTEPIXTY TOU ETLPAVELN avTloTOLY O TPETEL VoL
elvon oe hoyd ThaloLo xan 0 oy®YOS VoL EYEL TNV IXOVOTNTO OUOLOUORPTG ATOTOY OTO-
fnong oe 6An Ty emipdveta Tou TapUTEll, WoTe v xardopilel ywelg vor apriver ‘KolABeS’
ouumuxvopatoc. Me Bdon to mopamdve, pla eVOEBELYUEVY OVTIXEWEVIXT] GUVETNOT
TEOG EANYLOTOTOMGOT lvol TO OAOXAROUN TN DLAPORAS TNG Toy UTNTAUS TOU JEPA UTO



uloe Ty oTnTar 0téy0 (TN emduunTy|) oe évay Aentd Gyxo mou EyEL 0plo TEL XUTEAANAY
XOVTA 6T0 TOUTEIL, ECWTEPNE TNG XOUTEVOS TOU UTOXIVHTOU.

[o tnv eniluon Tou mpofArjuatog BehtioTonolnong, 1 yewuetpla Tou LTdEYOVTOG
oY WYoU XAUATIONO) LOPQOTOLEITOL YENOWOTOIOVTAS hoYioWix6 Tou Baciletar Tig o-
yaxéc NURBS xou €yel avantuydel and to EMIIL. To epyoleio autd mopoustpomolel
TOGO TO ETUPAVELNXO OGO XAl TO YWEIXO XOUUATL TOU TAEYUOTOS X0l TO TOQUUORPOVEL
T TOY POV, oe e xOxho Bertiotonolnone. H peuctoduvauixr avdhuon vhomoteiton
uéow tng apriuntixrg enthuong twv RANS e€iodoewy pall pe to k—€ povtého topfne.
Kotd v Behtiotonolnon yenowonoteiton 1 xhlon tng avTXEWWeVIXTC CUVERTNONG ¢
TEOG TIC CLUVTETAYHEVES TV ONUElWY eEAEYyou Twv oyxixwy NURBS, nou utohoyileto
UE Yerion TN ouveyolg ouluyole pedodou.

Ou metpopatinéc doxéc mou mporyatomot\nxay Ue oxomd TNV PETENCT TNS XOo-
TovoUNC TNG TaY OTNTAS TOU GEQU OTNV ECWTERIXY| TAEURE TOU AVEHOVDEXO TEPLAO-
Bdvouy PeTproelc TNE TayUTNTAS YEow evOg avepdopéteou hot—wire. Iapoucidletan pla
Telo TNy oUyxplon Yetald g avdiuong wéow CED xou twv petprioewy. Tehxd, n
Behtiwuévn amddoon xotd Tn dwdixaocio aronayontonong, T VEC YEWHETELNS, ToU
mpoéxule and 1N Behtiotomoinon ue T ouluyt| pédodo, emPBeBontveTal xaL TERUUTL-
%3 UETS b XATAGKELT) TOU OYEQLUGVEVTOC Ay w YOl XAUATIOUOU e dradixactio Tayelog
npotunonoinone (rapid prototyping), ue yeron 3D extunwt.

Meydho turua e Simhopotixd epyaoioug extoviinxe oTic eyxatactdoelg e To-
yota Motor Europe, 6to Béhyto, uné v exel eniAedn tou pnyavixol x. A. Delacroix.



Euyapiotieg

Y10 onuelo autd Yo foeha vo exppdow Tic Vepuéc Ly aploTiEC LOU GTOUC Ov-
Ypwmoug mou Ue oTAPIEAY, Oyl HOVO XATd TN OWHEXEL TNG EVUOYOANONS MOV UE TNV
OtmhwpaTixt| hou epyacio, ahhd xar xodoAn T didpxeta Twv onoudwy pou oto EMIL
Apywnd, 9éhw va evyoptothow Tov xodnynth povu, x. K. T'avvdxoylou, yia tny gu-
xouplol TOU Uou €BWOE VoL Aoy OANIE UE AUTO TO TEMTOTUTO, EVOLUPELOY Xl GUYYPOVO
Vépa. Emiong, tov euyapoted ordduya yio Tic ToAITYES ouPBouréc xou SlopdhoElg
TOU, OAAGL XL YLOL TIC YVOOELS TOU JOU PETEDWOE O TAL YEOVLOL TV GTOUBMY UOU.

‘Eva yeydho tura tng nopolous SImAWUATIXAG Epyactag, ExTovAlnxe oTig eyxoTo-
otdoelc Tne Toyota Motor Europe, oto tufjua ‘Vehicle Performance Engineering’. Me
Vv euxanpla auty, Yo fdeha var evyaplothow Tov x. A. Delacroix yio tnv xadodyyn-
oY) %L TNV ETUOVH Tou xaTd T dudipxela auTthg TNg mpooTdietag. ‘Oloug autols Toug
UAVES, Hou €BLve xivTeo e Tov evioustacud Tou xou o€ xdie euxanpia, potpaldtoy pall
HOU TIC YVWOELS Xal TNV eUTELplar Tou oyetd pe TNy autoxwvntoBiounyavia. Emimiéoy,
VEAW VoL EXPEACE TNV EVYVLUOoLYN uwou otov x. N. Yokoyama yio tor evioppuvtind
TOU GYOAL OANG xUplwe Yot TNV ToTN Tou e Yéva xou 6To Véua Tou €pELVAUNXE.
Aev Ya urnopoloa va napareldhw Tig evyapioties pou otov Ap. K. I'idryxor, yior tnv
meovupior Tou Vo Tpoc@épet TNV Porjdeld Tou dToTe TNV YeelalOUOLV.

Emuniéov, euyaplotd Yepud tov x. B. Examépda xou tov x. I'. PoTiddn, unyovixoic
¢ BETA CAE Systems yio TV cupBohy| Toug xon Ti¢ ToAUTWIES GUUBOVAESC TOUC.

Oa fileha eniong va euyaploTACK Oha Tor PEAN TNG EpELVNTIXYG opddag Tng Movddag
Hoapddining Trohoyiotrc Pevotoduvouinic & Beltiotonoinone yia tnv mpoduuia
TOUC Vol EMAUGOLY omowdnToTe anopio. IStutépwe euyapotd tov Ap. E. Ilarouton-
Kroyoryid, yio tov ypdvo mou pou diédeoe, tny duect avtamdxpelotr Tou xot Tr Bordela
TOL YOV TPOCEPERE ATAOYEQA AT TNV EXTOVNOY] TNG OIMAWUATIXNG UOL EpYaciag.

Téhog, Ve Vo EUYUELOTACK TOUG PLAOUG OU XOL TNV OWXOYEVELL OV, YId TNV
oTAEIEN XL TNV UTOHOVY| TOUS OhaL Tal YPOVIaL TNE Poitnorc You.
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5.2 Behtuotonoinon-Emhoyy) Tehnric I'ewpetplog

6 Avaxepalalnon—2UUNEpdCUATA



Kegpdhawo 1

Eiwcaywyn

7

H Behuotonolon popgnc, ue Bdon peuctoduvouixd 1 agpoduvouixd xpithipld, Yenot-
HOTIOLELTOL EUPEMC YLOL AEQOVOUTIYIXEC EQUPUOYES XL, O TAOLXS OAO XU TEQIGOOTERO,
X0 OE EQUPUOYES TNS auToxvnToBlounyoviog. AcBouévne TG oNUOVTIXAS TEOOB0L TNG
Behtiotomolnong wop@rc Ue yeron tng ouluyolg puedodou, emAEyETOL 1) YEHON TNS Yid
NV em{Auom evog EVOLUPEEOVTOG TROBAAUATOS GYETIXOU PE TO GUCTIUO XAUATIOUOD
evog emPBatinol oyfuatog. Ltoyog elvon 1 Bertinon Ty emBOcEWY atonayonolnong—
amoVduBwong tou avepoddpoxa (Ttopunell) evog emPBoutixod aUTOXIVATOU, LOPQOTOL-
OVTOC TN YEWUETElO TOL UTEVHUVOL oy wYO) XAUITIOUOU, TOU aYwYOoU amomayonoinong

(defroster nozzle).

1.1 HVAC-Aywyodg Arnonayornoilnong

H acgdheio xan n alodnon dveone twv emBoutodv Adyw e xatdAining Vepuoxpo-
olag a€po TNG XUTIVOC TOU oUTOXVATOU €Vl OL TO ONUAVTLXOL TOREYOVTES YLl TOV
OYEBIOUS TOU CUOTAUNTOS XAATIONOL Twv oynudtwy Heating Ventilation and Air
Conditioning (HVAC) system, [11]. To cVotnua xhyatiopol, eivor utebhduvo yio Ty
onoVduBwon (demisting) xou v anonayomnoinon (defrosting) twv tlopicdv Tou owto-
XWVATOU 0AAG xou T1) dnptovpyla xou SlotienoT vy dElo TOU XAPATOC GTO ECWTERPXO TNG
xoumivag, péow Tou EAEYYoL TNE Lypastac xat T Yeppoxpacioc Tou afpa.

O aywydc aronayonoinong, defroster nozzle, w¢ TPAUA TOU CUCTAUATOS HAYATL-
oUo0 oy NUAT®Y, dladpouaTilel ONUAVTIXG PONO OTNV ATOTOYOTONo / amovduBwon Tou
nopuneil. H anoddufwon avagépetar otn Aettovpyia tng agaipeons tou Yolnuatog,
EVOC AETTOU GTPMUATOS CUUTUXVOUNTOS VEQOU GTNY ECWTERIXY| TASUPE TOU GVEUO-
Yopaxa (nopunptl), evd 1 amonoyonoinan avagépetar otny eZdheuhn tou mdyou otny
elwtepinr| Tou TAcupd. H povédo HVAC moapéyel Yepud adpo 6Tov aywyod amonayono-
{nonc o omolog, Ue TN OELEd TOU, TUPEYEL AUTOV TOV OEPAL UE AUENUEVT ToyUTNTO GTO
Topunp(C.

H anédoon tne Aertovpylog anonoyomoinone xou anoddufwone tou mapunpeil e-

1



tvou TOAD onuavTixdg Tapdyovtag aloAdYNoTC TOU GUC TAUNTOS XALUOTIOUOU, ahhd Xal
TUVTOYPOVOL EIVAL X0 UTOYEEMTIXOS EAEYYOC CUUQWVO UE TNV VI XaL ToryXOCULYL
vouoveoia, Aoyw TNg onuaoctag TG UE TNV AoQIAELd XoTd TNV 00y NoT).

LUYREXQWEVA, O OYNUTIONOC TdyYou 6TO TopUTEI o oTo UTPOC TV Topddupa
XOTA TN YEWEPWT| TEPLOOO umopel var amodelytel emxivouvog, wag xar eumodilel Ty
0PUTOTNTAL TOL OBNYOU Xl EVOYAEL AT TNV OB YNOTN. LUVETWC, 1) ATOBOCT) ATOTOYO-
Toinong houPdvetar coBapd LUTOYN xoTd TOV OYEBIIOUS TOU CUCTAUATOSC XAYUATIONOD
YLoL vou Sl AL Tel 1) AoQAAELL TV ETBUTOV.

[oe v enltevdn hotmdy amodextrc amddoon anonayononong o éva Oy nua, To
CUCTNUO XAYOTIOUO) TEETEL VoL TANEOL XATOoLo XELTHEL [2]. Autd etvon xuploe Ta e€ng
axdhouda:

1. Tayelo anédoor xodapiouol: O yedvog mou amanteiton yioo 0 SLdAUCT, TOL Cu-

UTUXVOUATOC 1 TOL Tdyou oTo mapumell va eivon péoo oe ‘hoyixd’ mhalota.

2. Andéodoon potifou xadapiopot: H wavdtnto opotduopyne aronayonoinong, -
davixd o€ OV TNV EMPAVELR TOU ToEUTEIL, AmoPedYOVTUC TOV TUNUATIXG TOU
xodopLouo, agprivovtog Yound TuRuoTa.

H rayela anédoon xadoapiouol unopet vo Bertindel wg éva Baduod pe v adinon
NG TOROY NS UEPOL TOU AVEUS TARX 1] TNG BLUVATOHTNTOG CUVIAAXY NG VEQUOTNTUC TOU &-
Voot (xon xotd ouvémela, g Yepuoxpaoiag Tou oépo Tou GTOoYEVEL TO TopTEil).
[oe ) Bertiwon e anddoong potiBou xadapiopol cuvniileton 1 exTEAECT) TOAGDY
TELQUUATODV UE OLUPORETIXES TPOYELRESC YEWUETPIES Y WYWY ATOTOYOTOINONG (Bivovrog
LOWTERY) EUPACT| OTIC CNUAVTIXEG TIEQLOYES TWV ECWTERIXWY 0ONYKVY TTEPLYLIWY XL TNG
Teptoync Tne €€650L) yiow THY EMAOYY QUTAC oL €yel amodexth anddoon. Ewg thpea,
1 omédoon Tou aywyol eupTidtay xuplwe and TV euncipio Twy Teyvixody [2], [10].

Qot600, 1 TEpimAonn dour) Tou aywYo) xohoTd BUCXOAO TOV GYEDIOUS, EVE 1|
TEUYUATOTOINCT) TOAAGY TELRUUATIXDY B0XUMY X0G TILEL TOAD o€ Ypdvo xan Yerua. §¢
ATOTENECUAL, TOL YPOVOBOEA TELRHUOTO TOU YEVIX amoutoLVToL Yol TNy eniteudn Pehtiw-
MEVNG YEWUETPLAG Ye xahDTEPT) amODOCT) G TUdLXd AV TIXUIO TOUYTOL AT UTOAOYLO TIXEG
TPOGOUOLWOELS XAl AUTOPATES dladxacieg BedTio Tomolorg.

Tautdypova, elvar Yvwo16 teg 10 potiBo xodaplouod GUVBEETIL PE TNV XUTOVOUN
NG Ty UTNTAG Tou aépo oTov avepodweaxa, onwe avapépeton oto [2], [10]. Teleutala,
1 XAUTOYOUT| TNG TayUTNTAG OTNY emLpdvela Tou Taumeil €yel epeuvniel ye moixileg mpo-
CWUOLWOELS Xl EYEL GUOYETIOVE! UE TNV AMOBOOT) ATOTAYOTOINONG, XATUANYOVTUS GTO
OTL 1) TEWTN apxel yia vor Tpocdloploel TN BeUTERY we Evay Badud. O aywydg anomayo-
Tolnomg TEETEL AOLTOV, Vo GYEBLAG TEL UE TPOTIO HOTE VoL amodideL TN BEATIOTY xaTovVOuN
ToyUTNTAC TOL aépal OE Lol TERLOY T} XoVTd oTo Tapumetl. Me Bdon autd to cuunépaoua,
oplleTon auth w¢ oTdYog TNE BeATioToTolNoNG, UE dhAal AdYLoL HETOPEALETOL XAUTAAANAL
Yo vor exgpaciel wg ouVEETNoT GTOYOC.



Me Bdon mponyolueveg épeuvee [4], [10] oupnepaivetan 6t to CFD umopel vo Siex-
TEQAULWOEL TNV TAELOVOTNTA TNG OYEDLACTIXNG DladLxactiog, Oyl UoOVo Yo ToV aywYo o-
TOTOrYOTOINONG ARG Xat yiar GAAOUS oy WYOUS 1) TUAUATO TOU GUC TAHUAUTOS XALUATIONOU.
Hoapouctdlel oNUaVTIXG TAEOVEXTHUATO YIo TOV UNYoVIXO O GUYXQELOT UE TIG TUPdO-
oloxéc TexVIXéS, Pactopéves atn pédodo Soxiuric-opdhuatoc (trial and error) ot onofeg
Baotlovral xotd ToA) otny eunelpio. Eva and autd ebvon to 6TL diveTon 1) dUVATOTNTA VoL
HEReTNOOUY ToL YaEaxTNELOTIXG TN POHC, 00NYMVTUS 0T BardUTERT XUTUVONOY| TNG, UE
amoTEAEOUA VoL ELVOE(TAL 0 Xadoplondg TNG TNY NS dlpdpwy TEoBANudTwy. "Eva dilo
Opehog efval 1o OTL OEV amauTELTAL 1) YPHOY) TOL TEAYHATIXO) OYAUATOS 1| TUNUATGLY TOU
o€ TpwToHTUTY HopgY|. Katd ouvénela, 1 Suaduacio tng aglohdynong uropel vo eehiy Vet
TopdAAnha pe Tov oyediaoud. To CFD unogel vo yenowonowiel xoddin tn didpxeta
TOU XUXAOL OYEBLACPUOU %ot TNG AELOAOYNOTG, APHVOVTAS TIC TELRUUATIXES DOXIIES Yid
T0 TEAOG, TPV TO GTAB0 NG €yxplong Tou aywyou. Ertol n doxwun anomayonoinong
TEUYHATOTOIELTOL GTO TEAEUTAUO TEGT €YOVTOC S GTOYO TNV a&lOAOYTOT AMOB0CTC e
Bdomn tn vouoldeoio. I'a Toug mapamdvey Adyoug, 00Twe HOoTe Vo oyedlao Tel €vag VEOg
Ay wYOS TOL Vo omodidel BEATILUEVT xaTavour ToyUTnTac oTo mounell, TeoTdTal 1)
Behtiotonoinon Tou pe Bdorn 1o CEFD. Yto mAalolo authg Tng SimAmuatinig epyastag,
yivetow yprion tne ouveyolc culuyolc uedddou (continuous adjoint method) yio tov
ATOUTOUMEVO UTIOROYLOUO TNG XAIONG TNG AVTIXELUEVIXNG CUVERTNONG (S TEOG TIG UETO-
BAntéc oyedlacpoD, ol onoleg opilouv TV Hop®T TOU aYwWYOU ATOToYOTOiNoTG.

1.2 BeAtiotonolnon péocw CFD

To cuctaTind mou amontodvTon Yo Ty extéleot) plag autépatng dtadactag Bertioto-
nolone popgrc tepthapfdvouy tov emhitn g pofic (CFD solver), tnv nopauetponoin-
o1 NG YEWUETRlOG (Tng omolog oL TOPAUETEOL ETLOEOVY W UETABANTES oxs&ocopo()), vites
uedodo BehtioTonolong txav var utohoyioel Tig BEATIOTEG TYWES TWV UETABANTOY Oye-
BLoool xou vy TEOTO TEOGUPUOYAC (1) ETUVOYEVEGTC) TOU UTOAOYLG TiXOU TAEYUOTOC
oe xdde vrodrigLo oo,

Kotd ™ Bertiotonoinon ye CFD, 1o oyfua tne yewuetpiog und eétact eAéyye-
Tou omd Evay apriud peTaBAnTov oyedoouol. o mapdderyuo, autée umopel vo ebvor
oL OLVTEAECTEC TWV TohLWYOUWY Bezier-Bernstein mou mapouetpomolody 1o ooua u-
16 oyedoopd. H mowdtnro (xatahhnhotnta) tou napoydévioc oyfuatog aflohoyeiton
unohoyilovtac pla tocdtnTo (CLVATLS €var OAOXAHPWUA), YVOOTO Xl (S CUVEETN-
o1 016y 0¢ 1 cLVAETNOY x6GTOoUC Tou TRoBAYUaToC BeATioTomoinone. Iopadelypatog
Ydeny, oTny TepinTwon acpoduvauixol oyedlacpol ulug agpotophc (To omolo eivon xou
T0 cuvidec TEOBANUA TOU YENOYLOTOLEITOL YLl TNV EMUVPEWOT) TWY GYETXWY PETOBWY)
auty) Yo umopoloe va efval 0 GUVTEAEG TG OTIOVEAXOVCUS 1| GVWOTE TNG JEPOTOUNG.
H i tne avtixeipevinrc ouvdptnong e€aptdton ond T TYWES TWV UETABANTOY poTg,

amoxtnicioec and TNy emlAuon TwV EEIGHOEWY POTC TOU TEOCOUOLOVOLY T1| POY| ECWTE-
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owxd (eowtep| oepoduvaixn) 1 YOpw (eEmtepinr agpoduvouxy|) and 1o und e&étaon
oyfua. Ol ello®oelc Tne potic UmopoLy ertlong Vo Yewenioly w¢ ol TERLOELoUoL ToL TEo-
BAuatog BeATioTonolong xou pumopel v tepthau3dvouy TNy emiALoT TV eEICHOEWY Yid
CUUTIESTY 1} AOUUTETTY), HOVIUN 1} UN-HOVIUN pOT, PE Uxed 1| Yeydho Emdeg. Kdle
TeOBANUa BeATioTOTOlONG GTOYEVEL OTNY EAAYLOTOTOMOT TNG AVTIXEWEVIXHC CUVSp-
mone (objective function) unoloyilovtac Tic BélTioTeC TYWES TWY UETOBANTOV Oy E-
otaopo. Ta mpoBifuato yeyioTonoinone Umopoly EUXOAN Vo UETACYNUATIOTOUY GE
EAAYIOTOTOINONG X0, CUVETWS, VO AVTETWTIOTOOY UE TN YPHON TWV TEOTEWVOUEVKY

uedoomy.

1.2.1 MeJdodol BeAtioTonolnong

O pé€dodol Bertiotonoinong umopoly vo YweloTolv 0Tl &N dVo xatnyopleg: TiC
UTIOXEATIXES X TIC GTOYAoTIXES pedddouc. Ou auttoxpatinéc pédodol amantody Tov
UTIONOYLOPO TV TEWTOY (0UYVE X0t BEUTERMV) TURUYDYWY TNE AVTIXEWEVIXAC GUVEE-
mong. Lo v edpeom TV VEOVY TIHOY TV UETABANTOY oYEBLHoU00, YenotdoToteltol
0 akyoeripog g amdToung xaédou Bactlouevog oTIC UTOROYLIoVEIOES ToRoY (YOUC.
And tny dAAN Yepld, oL oToyaoTIXEC UEDoBOL BEV amantoly ETLTAEOY TANPOYORio TEPAY
NG TWNAS TNG AVTIXEWEVIXNG CGUVEPTNOTG.

Ou otoyoaotixol ahybpduot, [30], [31], [B2], avunpoowneutind mopdderyya twy o-
nolwy eivor ot e€elxtixol ahydprdpot (EA), éyouv 1o mheovéxtnua tou 6t elvon udhhov
amldovo vor TaydeLTOOY O TOTXO EAGYLOTO AOYW TOU TUYMUATXO) TEOTOU EUPECTC
urodnpiwy Aooewy. QoT600, TOMES PopEc 0T TEOBAAUATO UTOAOYIOTIXAC PEUG TO-
ouvaxc, amoute{ton peydhog apriuog allohoyNoewy Te o alyopriuog eviomioel

Bértiotn Ao, auidvovtog €ToL xaTd TOAU TO UTOAOYLO TG XOOTOC.

Ov auttoxportixol akydpripol etvon ToA) evdhwTtol oty TiavoTnTo Ty BELETiC TOUG
o€ ToTx6 eAdytoTO, xS 1 AOoT auTY| propel vor Yeweniel havidaouéva we n BEATIoT,
eve elvol Hovo BEATIOUEVT o8 oUYXEIoT PE TIS YerTovixég Tng. Tlapdha autd, epbdcov 1
XATEVVLVOT| AVAVEWONG TNG TYWAS TV UETOUBANTOY oyedlacuol evtonileton Ue Bdon Tic
TRy WYoUS euotoUnciog xon Oyt Ue €vay Tuyalo 1) €0Te TUYNUATIXG TEOTO, oE Xdie
x0xho 0 alyoprioc amodidel éva BerTiwpévo anotéheoua, oynuatilovTog ev yével ula
QUTOUATOTIONUEVT] Btadacta Tou amoutel TOAD ArydTEPOUC xUXAOUG amtd AUTOUE TOU

amontoLy ot EA.

Av xou otdyog, Wavixd, elvor 1 andxtnon e PEATIOTNG AoTg, ewd oTic Proun-
Yovixéc egapuoYés, Pedtiwpéve (oe olyxpion pe Ty ev yenoet didtaln) Aboewg eivor
e&loou eunpdodextec. T'o auTOUC TOUC AOYOUC, OE AUTHY TNV EPUQUOYT|, TROTLIOUVTOL
oL auttoxpuTixéc Uédodol, apxel acQUAGS TO GUVOAIXO XOGTOC UTOAOYLOUOU TOUC Vo

elvon amodexto.



1.2.2 H 3uluync M<£dobdog

H ocuCuyric uédodog ebvon éva pordnuotind epyaheio unoloylogol tng xhiong Tng avti-
XEWEVIXNG CUVEETNONE S TPOS TIC PETUBANTES OyEdLaoHOl oL hopPdvel utodn (oTny
TROXEWEVT Tcapim(oon) 70 OTL xde AOoT Tou TEofArjuuTog BeATioTOTONONG TTEETEL Vol
wavorotel g e€lotoec poric (Navier—Stokes).

‘Eotw F' 1 avTxeevix] cuvdetnor mou YEVIXE eExQEaCeETol »¢

- =

F=FU). D) (1.1)

émou U elvon o OLdvUoUOL TWV UETABANTOV TNG EONG Xa T w0 OLVUOUA TWV UETO-
BNtV oyedlaouoy, ol omolec oTNy epinTwon Tne BeAtioTomoinomng wopgric, opilouy,
YL TOEABELY UL, TO OXY’]E;}( ulac agpotourc. Tpotind, xdde odhoryr) 6TIC TWES TWV Ue-
TUBANTOVY oyedlacpol b, Tpomomolel To oy AUA TNG AEPOTOUTS, BlvovTag ETOL EVaL VEO
medlo poric U ylpw tng. Autd €yel wg amotéheoua o VEU TWH TG AVTIXEWEVIXAC
CLVAPTNOTG.

H
Yuvenwg, 1 petofor) Tne F wg mpog 1o b elvan

dF  OF OFdU

= + (1.2)
i 9b  oUdb
Eiwodyetar 1 enowénuévn avTIXEUEVIXT] GUVAETNOT
Foy=F+ 0TR (1.3)

OTOL ? elvan To BLdvuoua Twv Tohamhaclac TV Lagrange mou ouyvé amoxohodvTon »g
ouCuyeic petafintéc. To cloTnua TV EELOMOENY TOL TEPLYRAPOUY TO PUOIXO TEOBAN-
ot YpdipovTon e cuUBolxy| yerior Tou TEAEG TH R = ﬁ( ,?) Egécov R = 0, t6te
F = Fu.y. Koatd ocuveneia, n ehayiotonoinon tng F' icoduvayel Ye ehayloTonolnon tng
Fuug:

dFy, dF  —,dB

_ YL (1.4)
iv db b
R _or  oRdU _ )
ib 0b  oUdb '

H eZiowon YENOLOTIOLVTAS TNV %o UETATEENETOL OF

F,,, OF OFdU — <8R OR dﬁ)

==+ + 7 +
iv 06 oUdb o6 oUdb
_(aF —>T8R) it <8F ~ aR)

+ + + 47
7 Vo)  \eT Y a7

(1.6)
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dU s

To untewo T €yel LPNAG UTOAOYLETIXG XOGTOC xoa ebvon emuuntod vo amogeuy Vet

0 urco)\oytopog TOU. XUVETMC, Ol TOAATANUCLUC TEC w urohoyilovto avtl autol, Ue
TEOTO WOTE VoL UNOEVIGTEL 0 GUVTEAEGTAS TOL UNTE®oL autol oty e&iowon [1.6] Me-
Té TOV UToAOYLOUSG Tou 1P oL Tolhamhacluotég Lagrange yenoyonoo0vtal Yyl Tov

UTIOAOYIOUO TGV TORUYWY®Y euonoinoiag cOupomva ue

dF  dF,, OF +—>Taﬁ
dv  0b P4

(1.7)

O unoloyloudg 1wy TapayOYeY evacinciog uEow tng sitowonﬂ L. 7 amantel Ty entiu-
oM HOVO EVOC YRUUUIXO) CUCTAUATOS YLOL TOV UTOAOYIOUO TOU 1) EVG O UTONOYIGUOC
uéow e [L.2) amautel v enthuon N ouotnudreny (N o aprtude twv uetafAntey oye-
Stoopol aol (b,,n € [1,N])) Z—_b; YLol TOV UTOAOYIOUO TOU UNTeeOU Z_f'

H ouluyrhc pédodoc €yet Vo unoxatnyopies: t Swxprt [36], [37], [38] xou tn ou-
veyt, [34], [35], [39]. H Swxprth ouluyic pédodog tepthaufdver tn Saxpttonoinon twy
e€loOOEMY TOL BlaVOoUATOS = 0 xou, €mELTa, TNV EVOWUATWOY| TOUS OTIC ECIOWOELS
O [26]. Ov ouluyeic petofPintéc eivan eniong oe Sraxprth popdr|. Avtidétwe,
oUU@wva e TN oLvey ) culuyT| LEV0DO, oL eELMOOELS TNG PoY|g TEwTa dlapopilovTtan ot
ot ouCuyeic MAE mpoximtouy ¢ xhetotd clotnua. AuTég €melta SlaxEITOTOL0UVToL
xou emhdovTan apriunTixd.

Me dhha Adya, 1 Sraxprty ouluyhc uédodog Acttoupyel ue olyePoixéc elomoelg
TOL TEOXVTTOUY AT TNV BLAXELTOTOINGCT TWV AEYIXWY EELCMOEWY PEVC TOBUVIHXTC EVE),
otn ouveyn ouluyn pédodo, o culuyelc MAE oynuatiCovton o énetta Saxpitonolo-
OvTon xa EmMAVOVTOL. Y€ aUTAY TNV TERITTWON, 0 emMAVTNE Tou culLYoUE TEOBAYUATOC
Tou yenoyornoteiton xou avantOydnxe and ty MIITP&B/EMII oto nepiBddhov tou
OpenFOAM, yenowonotel T cuveyr ouluyt| uédodo.

O mopandve e€lonoelg mou meptéypadoay To oulUYES TEOBANUL YEVIXE, OTNY TEAY-
HOTIXOTNTO avapépovtan ot dtoxplth) culuyt| uédodo. Auti 1 mpocéyyion TeoTydToL
o€ aUTO To oNuEio xoWE Vewpeltar S o AmAT YLt TNV EOEIWCT] TOU OVAY VOO TN UE
™ ouluyTn uédodo xar T TAeovexTHUOTd TN Apydtepa, 1 cuveyic ouluyrc uédodog
AVOAVETAL EXTEVOS, TROCURUOLOUEVT GTO TEOBANUA oL eEeTALETOL GTO XEQYIAALO

1.2.3 Medodor Mopgonoinong I'ewpetplog

O mapdrywyol evacinociag mou €youv unoloyiolel and Tov emAdTn Tou culuyoic
TeoPBAAuaTog petopedlovial o UETATOTIOEIC TwV ONUelwy EAEYYOU PE TN Yeron TNne
amotopng xaodou. Ilepav tng andtoung xadddou, urdpyouv xou dhheg pedodol Peh-
TiIoToToNoNG PUCIOUEVES GTNY XAIGT) TNG AVTIXEWWEVIXTG CUVERTNOTE XoMS XL OTOV
umoloylouod tou Eoctavol mivaxa, 6tee ot Mébodor Newton, 1 pédodoc twv Luluydv
Khioewv (Conjugate Gradient), »in [24], [29], [13]. Xtn Behuotonoinon popgnic uéow
CFED, ov yetafBhntéc oyedaouol unopel va eivon ot xopfol Tou em@avelaxol TAEYU-
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t0¢ 1) ouvniéotepa, onuela eAéyyou (control points) mou mapoyetponolOLY TNV UTO
MEAETY) YEWMETPloL MNUVETWE, 1) AUTONATOTONUEVT) Dladixacio yenoulonotel tTnv xAlon
NG AVTIXEWEVIXAC CLVAETNONG WS TEOS Tol oNueior EAEYyou, 1) omola el uTtohoyioel
ue tn ouveyn ouluyr pédodo xar UG TERY, OPOL PETAPPACTOLY Ol TUPAYWYOL OF |E-
Totonioelc Twy onueiny eEAEYyou, éva epyaieio (Aoylouxd) popponoinong peTaBdAAe
TNV EMPAVELL CUUPWVOL UE TIC HETOXVACELS TwV ONueiwY eAéyyou.

Fevixd, umdipyouv apreTéC TEYVIXEC TIOPAUUETEOTIOMONG YewPETELNG [7], wotdo0o pia
amd Tig emxpatéoTepes, 1) péYodog eréulepnc popgoroinone B xahltepa free—form
deformation (FFD) emhéyeton otnyv napoloa Simhopatixy| epyacioa Aoyw e euyen-
otlag xou NG XAUTaAANAGTNTAC NG Yoo TNV Topovoa egopuoyn. H teyvied) FFD €yet
TO ONUAVTIXG TASOVEXTNUA TOU OTL TOQUUETPOTOLEL X0l TUPUUOPPMVEL TAUTOY POV Xl
TO ETMLPAVELIXO OAAG X0l TO OYXx0 TAEYHA. Me autdy Tov TpoTo eCUAEIPEL TNV avay X
YeNong evog emmpdcVETOU €0YAAEIOL YLoL TNV XUTIAANAY TOEAUUOCPNOT) TOU 0YXIX00
TAEYUOTOC PETE TNV OVOVEWOT) TOU ETLPavElKoL. EmimAéoy, diatneel tnv tomohoyio
TOU TAEYUOTOS X0, €TOL, UTOQEVYETOL 1) EMAVIUTASYHATOTOMOY TOU, EVG TAUTOYEO-
VoI, ETUTEETEL TNV AEYIXOTOINGCT TN PONE amd Tic AUGELS Tou €youv Tpoxlel and Tov
TEONYOUUEVO %x0XA0. ()¢ amOTERETHA, EMITUYYAvETAL AElooNUED TN Uelwon Tou UToAo-
yiotxol xéctoug. H pedddoc popgomoinone mAéyuatoc yivetar ocuvidng Ue yerion
oyxxov B-splines, NURBS 7 Radial Basis Functions (RBFs). Ytnv napoloa egap-
HOYY| XPNOHOTOLEITAL EVOG LOPPOTIONTAG TAEYUUTOS TOU TURUUETEOTOLEL TOV emuuNTO
3D yopo péow xuPwv B-splines, o omolog €yel avamtuyVel amd Ty epeuvnTiny| oudda
e MIITP&B/EMIL..

1.3  31oyog xou Aopr tng AwnmAwuatixie Epyo-

olg

Y16y0¢ TN Topolcog BIMALUATIXAS epyaotag eivon 1) egapuoyr pedodwy Beitio tomoln-
oNg HopPrig, UE Yeromn Tng ouveyolg culuyolg uedddou, GToV aywYo AmoTayoTolnong
evoc autoxwviitou Toyota. Yxomdg tng diadixactaug Beitiotonoinong eivon 1 eniteuén
Behtiwuévng anddoong anomaryoroinong yia o oynua. o tov Adyo autd, npwtioteg,
oynuatiCeton Wiot XUTIAANAT OVTIXEWEVIXT] CUVEETNOY] TOU TEQLYQPUPEL LXOVOTOLNTIXG
Tov Tpoavapepévta otoyo. H culuyric uédodog moapéyel Tic mapory@youg evatoinotog
oL BlVoLY TOLOTIXEC anyisg/nMpocpopieg YL TNV TEOTEWOUEVY] LOPPOTIOMNOY) TOU O-
yYwyou. ‘Encita, o cuvepyaldpevog Ue Tov EMADTY LOPQOTOUTAS HETAPEALEL QUTAY TNV
TAnpogoplor xatdAANA o yior vo Topdéel plar véa yewueTplor Tou aywyol, divovtag €tot
XAAUTEQO amoTEAECUN amonayonoinong amd to apyixd. H Ohn diaduxacio mpayuato-
Toleltan ETUVOANTTIXG PEYPL TNV IXAVOTIONGT) TOU XELTNEIOU TEPUATIOUOU.

H Sopn tne dimhwpatixhc epyaciog €yel og e€rc:
e Y10 xeqdiono 2, mapouoidlovton oL eEICMOES TNG PONG, XM XL 1) GUVEYTHS
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ouvluyrhc pédodog Yoo aouuTies T, uoviun eor. Exgedleton n aviixeuevixy ou-
vdpTnom, ot cLlLYElC ECIGMOOELC UE TIC OPLAXEC TOUC GUVITXES XoL OL TOEAY YOl
evatodnotagc.

Y10 xegdhono 3, mapoucioletal 0 POPPOTONTAC TAEYUATOS %ot O ohyOELiuOg
BehtioTomoinong.

Y10 xe@dhono 4, TopouctdleTon To EXTEAECUEY TElpoua YioL T UETENON TNG XoLTa-
vounc TNg oy 0TNTAS Tou 0gpa XovTd 6To TopuTell xadde xou 1 utoloyloveion
pot) apar OTNV xauTiva.  LuyxelvovTon To AMOTEAECUOTA TNG METENOTNG %ok TOU
CFD.

Y10 xe@dhono 5, TapouctdLoVToL To ATOTEAECUITO TNG AUTOUATOTONUEVNG OLodL-
xaolag Bertiotonolnong.

Y10 xeqpdiano 6, yiveton avoxegahainon xo mapouctdlovial ta eEayOUEVO GU-
uTEEdoUATOL.



Kepdhaio 2

H >uveync 2uluyrc Medooog
via Acuvuniectn, Moviun Pon

‘Onwg mpoavapépinxe, otoéy0g¢ Tou TapdvTog Teoliuatog Behtiotomoinong eivon 7
Behtiwon tng anddoong anonayoroinorg xa arodduBwong, tou utebduvou Yo T Aet-
Toupyla auTH aywyol xAwatiopol avtoxwrtou. To CFD unogel vo mpocoupolmoet
IXAVOTIONTIXG TNV AOB00TY) AMOToYOToiNoNG, %ot USAGToL Elvo EMapX G 1) UEAETN TNG
XOTAVOURC TNG T UTNTUC TOU G€Eal XOVTA 0TO ToUTE(C, OUEAMVTOSC T (POUVOUEVAL UE-
Topopdic Vepuodtntag, ougpwva pe ta [2], [4]. Kot cuvénew, to npdfinuo unopel va
amhomondel xou vor ylver i HEAETY Tou UE YprioT LOVIUNG TIPocouoinong, ywelc Ty &-
ThuoT Tng e€lomong eVERYELNS, MOTE Vo PELWIE! 1) TOAUTAOXOTNTO X0 TO UTOAOYLO TIXO
*OCTOC.

Ou mepinticEL PoTi¢ Tou EMAVOVTUL 0TO TAXCIO AUTAG TNG OLTAWHATIXG ERYATTag
oiEmovtan and T eglotoelc Reynolds Averaged Navier—Stokes yio uoviun, acuunicot
cot), culeuyuéveg pe to povtéro toelng k—e. O MAE tn¢ péong porc, autéc tou yo-
vTEhoL TOEPNE Xou 0L 0PLAXES TOU GUVINXES XUAOUVTOL (G OL EELOMOELS TOU TEWTEVOVTOG
(primal) TeoPBAAuaTog tng PeAtiotomoinorg.

2.1 E&wdoeic tnc Porc

O e€iowoeic e péone ponc [211,[6],[28], n eZiowon cuvéyetog xa ot e€lodoeic opuhc

avtioTolya, YedPovToUL G

_ Oy
8xj

R =, U _i{(ww)(aw +avj>] 2y 123 (29

i = vjﬁ_l’j an 8x]~ ze 6:1:1 -

OTOL V; EVOL OL CUVIGTWOES TNG TayUTNTAS, P 1) TEOT OLoUEEUEVT UE TN oTodept| Tu-

RP = ~0 (2.1)

XVOTNTOL P, V1) XIVIUATIXT) GUVEXTIXOTNTO X0 V4 1) TUPBOONG HIVAHOTIXY CUVEXTIXOTNTAL
1 omofa TpoxUTTEL amb TN AUon Twv MAE tou povtéhou tiolng
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O e€iomoec tou k—e 23], [21], [28] divovton and

ok v\ 0%k
[ Tk 2
. De v\ 0% € €
k2
Vy = CN_ (25)
€

omou k etvon 1 TupBaddng xvnTixn evEpYELY, € Elval 0 6POC XATAC TEOPHE AUTAHS TNG XUV
TIXNG EVERYELNG €V TO P avapépeton oTnv ToparywyY) TUpPOBOUS XVNTIXAG EVEQYELIG

ov;  0Ov; ) ov;

P pu—
Vt(axj + (9.1'1 (9.1'1

(2.6)
Ov otadepol cuvteheotég Tou wovtéhou divovtan we: Cf = 1.44,C5 = 1.92,C), = 0.09
xou oL TuePndelc opwuol Prandtl P, = 1.3, P, = 1.0

2.2 Oplaxég Yuvirixeg
Ov opraxéc cuvifxeg mou “xhetvouv’ 10 TEKTEVOY TEOBANUA elvou:

e Yuvixn Dirichlet yi to v; xan yio tic yetoAntéc tou povtéhou tipPne (k€)
xou undevixry cuvixrn Neumann yia o p otny €lcodo Sy.

o Mnpevix| cuvifixn Neumann yio 0 v; xou yio T HETUBANTES TOU YoVTEAOU
T0pPne (k,€) xou undevixy| cuvivixn Dirichlet yia to p otnv éZ0bo Sp.

o Mndevixry ouvdrixn Dirichlet vy to v; (ouvdnhxn un ohicinone atov toiyo). E-
UTELPIXES OYETELS VIO TNV EXTLUNCT) TWV CUVEXTIXWY TACEWY GTOV Toly O (ouvocp—
thoewc tolyouv-wall functions [23], [21]) yio Tic yetaAntés Tou povtéhou THEBne
(k,€) xou undevixry cuviixn Neumann yu to p atoug tolyouc Sy .

To unoloylotnd ywelo tou poviérou mou Yo peretniel ota emdueva xepdioa
napouatdlovton oto oyfua 2.1 Ot hemtopépeieg Tou povtélou enyoldvTar avoluTixd
oto xepdhono [l

2.3  AvTtuxeipevixn Xuvdetnon

Luvilwg, oTa AEOBLVAULIXE TEOBAAUNTA 1) AVTIXEWEVIXT) CUVAETNOT Elvar Eval PatuemTo
péyedog 6w 0 CUVTEAEOTHC dvwong A omolérxoucas. ‘Onwg €xel Hdn avagepiel,
oTnVv TEpinTwon yag emdupeiton 1 xatovour) Ty dTNTAC TOU 0€pa XOVTd GTO TopUTC
(%o oYL TéVL 6€ aUTO AOYW TN cLVITUNG w]fo)\ioﬂnong) vo TAneol xdmota xpLTripLa
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(Omwe etmednxay oty TaEdyEapo ToL omoiol JeTapedlovTon TN avayxr) eniteving
OUOLOUORPNG OUTOVOUNG TNG Ty UTNTAC Tou apal GAAS X adENoHS TNG, XUplws 6To
Téve Pépog Tou mapuneil mou cuvideg 1 ToyUTTa ebvan UixpoTeRT. AUTOC 0 0TOYOC
eXQEACETOL POUMUATING ()G

1
Fopj = 5/9 (v2 — vtm) AdQqr (2.7)

H nopandve avtixeiuevixs| cuvdptnon ex@edlet Ty emdupia eovayxacuol Tou UETpou
NG Ty UTNTAC, OE Evay AeTTO OYXO yer, BA. OY. omou xou umoroyileTan 1 avTL-
XEWEVIXT) CLUVEETNOT), VoL YTAGEL o 0pLoUEV o TadeRY| TaUTNTA, 1) XAUTAVOUY).

Hpwtebov yapoxtneiotixd tou culuyolc meolArjuatoc eivon 1 yeron Tng enavdn-

HEVNG OVTIXEUEVIXAC OLVAETNONG Foyg avtl amevlelac tne F, PA. mopdypago O
[6]. Etot n Fuu, opileton we

Faug:F—l—/uindQ—i-/qudQ (2.8)
Q Q

omou To ) elvar 10 UTOAOYIOTIXG YWelo, U; Ol CUVICTWOES TG oLlUYOUS ToryUTNToC
o g 1 ouluyrc nleon. Eg@bdoov oi edioboeic tou mpwteloviog npoBiuatoc 2.1]
ixovorotouvTa, ot F' xon Fi,, lvon loodUvoueS.

e autd To onuelo va onuewwidel 6TL oTo mMAaiolo auTtig TN gpyaciag, xauTd TNV
o6 oulT avahUGoT| TV EEICMOEWY AUEAELTOL 1) BLUPOELOT| TKV EEIGHOCEWY TOU LOVTENOU
TOEPBNG Yot AOYOUC AmAGTNTAS. LUVETOC, XUTd TNV EQUOUOYY| TG cuveyolg culuyoic
ued6d0u eqopudletar 1 TEOCEYYIoT TG maywuévne ToeBng’.  Ou avayvohoTteg mou
EVOLaPEQOVTAL Yol TIC OLapopég Tou Vo umopoloay va meoxdhouy Ue T dBlapodplon Tng
T0pBNe Uropoly avatpégouv ota xdtwi: [6], [13], [15],[14],[16], [18],[17],[19].

Awagopilovtag Ty enauinuévn cuVEETNoT TEOXVTTEL

0Fwg OF 0 d
_ - s v 10 o P d) 2.

S, oy T oby Jo T G, ), (29)

Me 3dom to Yewpnua Leibniz mou yenotuomotelton yio T SLopopLon TV OYXIXDY ONO-
HXANEWUATWY UE METUBANTA Oplal TEOXUTTEL

0Fpg  OF 8R” 6R

5, ob, ) i, BT a4,

oy,
61ou S T0 GUVOPO TOU UTOAOYLO TIXOU Ywpelou To omolo avaAleTa we .S = STUSoUSK U
Swy. Ta épia St, So, Sw xou Sy, apopduy Ty elcodo, tnv €€odo, Ta oTadepd xou To
TOEUPETEOTOMNUEVA GUVOPa TOU Ywelou, avtiotoya. 261000 UOVO To TOQUUETEOTOL-

nuévo. petanavoivTon (32

by, N O(VTLGTOLXEL otny TO(XUTT]TO( KO(pO(HOp(PCOGY]C me ETEL(.PO(VELO(C

11



%ot Ty x&detn Siedduvon) ondte

§Fuy OF ORY Ry S
_ o e 0 R4 gR) R ndS (211
5oy oby ) " an, +/Qqabn + /SWP(“ R+ ) 5 mnidS - (2.11)

OF _ 0Faug
6b, ~ Obp

‘Onwe eyel mpoavagepiel, F' = Fj,, xot, CUVETKG,

[o vae exgpaotel 7 (% xou Vo oynuatioToly ol oLLUYElS eEICMOELS UE TIC OpLAXES
TOUG GUVOTXES, 1) OVTIXEWEVIXY) GUVAPTNOT ex@edleTal oE YEVIXT| Hop®Y| we [6]

F= / Fo,., dQar (2.12)
Qiar

H Swapopion tng F' wg mpog Tic ueTaBANTESC oy edlacol divel

OF o

= = Fo, dQ%ar 2.13
(Sbn (Sbn \/g;tur Qtu,r t ( )

Eqgapuoélovtag to Yewpernua Leibniz tpoxintet

) F
| P = | o g, (2.14)
Qtar Qta'r

sb, ob,,

x9S Ta 6pLL TOL OYXOU (i, GTOV OTOIO UTOAOYICETAL 1) AVTIXEWEVIXT) CUVAETNOT OEV

’ 7 ’ / (5xk / ’ J— 7
P.ETOO(LVOUVTO(L Wlelvd T] TO(XUTT]TO( TOLV OPLOU by, glval OTT]V T[EPLTET(OGT] O(UTT] glval [J.Y]BEVLXT].

Eowdcov n avtixeievixh ocuvdotnon and tny eélowon 2.7 teothaufdver udévo dpouc
¢ n MEVIXT) pnon n n pLAd M P

FQ ar
oo AQyar S TEOS TO V;

ToUTNTAC, N YPNON TOU Xavova TNG oahucidag Yo To th
obvel

8FQ . z 81)1‘
2t Ay = FY —dOya, 2.15
/g;tar 8bn t, /{;tur Qtar,l abn t ( )

6mov FY . ebvar ioo e 2L 1o onolo, 6N TEpInTHoN TNC AVTIXEEVIXAC CUVEETNONC
Qtar,i ov; ’

Iﬂ glval OF

Fétaryi = a_,U = 2(/11]% - /UtQ(l’r‘)Ui (216)
LUVETWGE, 1) TAEAYOYOS TNG AVTIXEWMEVIXTS CLVAETNONG elvou
(5F0b' 8vi
Tn] =2 /th' <U2 - ,Ut2ar) Uia—bnthmn (217)
X0, O YEVIXT) TOU Uop@T, UE XPHom TV edlowoewy [2.13] [2.14] xan [2.15], tehind
oF a Gvi
— = FS o —dQyer 2.18
6by, /Q Qrarsi gp, = (2.18)

12



2.4 >uluyeic E€wowoeig

Me yefon e xou xotdhhnhn pardnuortixy| enelepyaoia mou avahbetar oo [6] npo-

XOTTEL 1) EXQPPUOT) TNG TORUYWYOU NG emauEnuévne ouvdptnong. Eivar emduuntd 7
ov;
Dbn

udtwy. o vo emreuydel autd, undevilovtor oL GUVTEAEGTES TOUC, XATUA\YOVTAS ETOL

ATOPLYT] UTOAOYLOUOU TWV OpWV Ol 3‘%’; plag ot amontouy TNy emilvon N cuctr-

oTic amoxaholueves culuyelc edlotoelc péong porg

ou;
q_ 79 _ 2.1
Ri= -5 =0 (2.19)
w 8Uj a(UjUZ‘) a auz 811,]‘ aq ) _ s
R = u; oz, oz, s (v+u) <6mj + 8xi> +8xi + £, =0 1=1,2,3
(2.20)

2.5 Xuluyelg Oplraxeg Yuvirxeg

O ouluyelc oplaxéc cuvirixec TEOXVOTTOUY ATd TOV UNDEVIOUS XATOWWY ATd TA EVO-
TOUEVAVTOL ETLPAVELOXE OROXANPOUITO TNG TORAYWYOU TNG ETAUENUEVNE CUVERTNOTG,
Tou dev undeviotnxay yia Ty tapaywyY| Twv ouluyoy eélohoeny, BA. [6]. Epdcov 1
OVTIXEYEVIXT) CUVEETNOY ETL TOU TEOXEWEVOU eC0pTdTOL WOVO amd TNV Tory OTNTAL U5, TO

AmOTEAEOUA GUVOTTIXG. Elvar Ol €ENC OPLOXES CUVITXES:

o Mndevixt| cuvixn Dirichlet yio tnv u; xan yndevixr) Neumann yia tny ¢ otny
eloodo.

e Yuvirxn Robin yio Tic epantoyevixéc cuviotwoeg g culuyols ToyTnTog,
undevixr) Neumann optax] cuviixn yia Ty xdetn cuviotoa tng ouluyolg
ToyUtnTog xou Dirichlet optaxy cuvixn yia Ty ¢, otnv €€odo0.

H opioxry ouviixn Robin yia tnv epantoyevinéc ouviotwoeg tng culuyoig
T OTNTOG, UE T EQUATTOPEVIXG. OTNV ETLPAVELX povadlabo dloavOouaTa Vo elvor

th1=1,2, exppdleton og

6ul ou n
v<n>ul<t> + (1/ + ut) (8_7? + # =0 (2.21)

H opraxt) cuvdvxn Dirichlet yio tnv g dlvetan and

Oy,
g = WV + 2(v + 1) 87<1> ~0 (2.22)

o Mnpevixt| oplaxt) cuvdrxn Dirichlet yio v w; xou undevixy) Neumann optaxt

oLVOTXN YioL TNV ¢ OTaL GTOEES Ol TOL TUPUUETPOTIONUEVOL TOLY OUATOL.
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2.6 Ilopdywyor Evowcinociog

Agol wavoromdoiv ol culuyeic e€loOOELS X 0L 0pLIXES TOUC CUVITIXES, TEOXITTOUY
ot ouluyelc petoffAnTtéc amd tov emhlTn Tou culuyols teolAruatoc. Tote, eivon du-
VOTOS O UTOAOYIOUOS TWV Ay YWV evatcdnolug and tnv axdroudr Exgpaon

5Faug _ _/ |:(V + l/t) <auz + au]>n] _ qnz:| % %nmds

3b Ox; | O, Day, " 3b,
(2.23)

5
+ / (R + qR?) 2k, dS
SWP 5bn

OTOL OTOV TEWTO 6O, UEoa oTIg ayXUAES Bploxovtal uévo mpwtebouceg xon oLLUYElg
UETABANTES, EVE TO €EWTEQIXG TOU TUAPA TEOXOTTEL O T1) BLaPORION TNG YEWPETELOC,
1 omolol TEOXVTTEL OO TOV LOPPOTOMNTH TOU TAEYHATOC.

2.7  Awaxpitonoinon xou Enlivon tov ESwcdoe-

wv

To cuothuote Twv Mepav Awgopixdv Elodoewy (MAE) tou npwtebovtog (€€.
, xat tou ouluyolc (eE. , TeoBAAUATOC TEENEL Vo dLoxpttoTotnio-
OV (OOTE Vol PETOOYNUATIOTOVY OE avTioTOLY0 cUCTNUA OAYEPEXOY EELCMOOEWY XAl Vo
emAuvdoly oprduntixd, [6].

Ou e€lotoelg aouunicotne, povune xat TupBwdouc pofic divovtan and Tic e&. ,
. Me oxonéd va xieloel To oloTNHA TwV €lOMOEWY TEETEL vor Angiel uTddn ot To
HOVTELO TUEPRNG Yl TOV UTOROYLOUS NG V4. Xtov akybdprduo SIMPLE, mou yenowo-
mote{tan, oL e€LoMOELS TOL LOVTEROL TOEPRNG EMAUOVTOL UTEUTAEYUEVOL ad TG EEICMOOELS
péong poric.

O em\bdTng Tou TpwTevovtog (tou uthieye KoN oto OpenFOAM CFD toolbox) xou
Tou ouluyolc mpoBhfuatog (mou avartiydnxe and ™ MIITP&B/EMII) eivar mpo-
Yeoppatiopévol o tepBdriov OpenFOAM xan emhbouy Ti¢ e€lowoElC poTg e@opudo-
vtag tov ahyoprduo SIMPLE (Semi-Implicit Method for Pressure-Linked Equations)
YENOWLOTOLOVTOC XEVTEOXLPEAXY| BATOTIWGCT) X0k BLOUXELTOTONGT) TETEPUCUEVLY OYHWY,
o€ un dopnuéva Théypato. o toug dpoug uetapopds yenowonotiinxay oyfuote de-
Utepne téEng avdvtt (mpmtedov) xou xatdvtt (ouluyéc) Bloxpitomoinone. O ywpwéc
Topdywyol utoloyiCovton e yerorn tou Yewpruatoc Green—Gauss xou ypnodomnoteiton
YUY TUREUBONY| TWV EUTAEXOUEVLY poixGY peYedwy. [ tepiocdtepeg TANpogo-
olec oyetixd pe ta oy fuarto dlaxpttonoinong xat Tov ahyopriuo SIMPLE o avoyvdotng
unopet vo avatpéget oo [25], [28] xou [6].
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(B") Avoyn tov vmodoywotikol xwpiov. H eloodog S; onpeidverar pe umAé xpdpa kar tav-
tiletar pe TNy €ioodo tou aywyol amonayormoinons. H éfodos tng pons So onuewdvetar pe
KOKKIVO XPOHa Kal Ppioketal 0to Tiow Hépog TNS Kaumivas, Kovtd otoy Xwpo anookevdy. (25
Toiyos Sw Aaufdvovtar o1 unéloimeg empdrees Tng Kaumivag.

Yy 2.1: Trodoywtikd xwpio tou povtélov mov ebetdletar. Opiouds tng €106dov
ka1 Tng €£600v TNS POng.

15



(B") To vmodoyotikd xwpio L kai 0 Gykos atdyov gy o€ kdTOYn.

Expa 2.2: O Aentdg 6yKos atdyo Qg 6mov UTodoyiletal n avtikeuevikn ouvdptnon
ONUEIDVETAL 1€ KOKKIVO XPOUA.

16



Kegpdiowo 3

Moggporoinon tnc I'ewpuetplog

3.1 Ewoaywyr otov Mopgornowmnty IIAEypatog

‘Onog €yel mpoavapeplel 6T0 xe@dhono , amontelton plo oTEUTNY XA TOEUUETEOTOMM-
ONG XU UETOXEVNONG TOU TAEYUOTOS Yol TNV EXTEAEOT] QUTOUAUTOTONUEVNG DLadixaciog
BehtioTtonolnong. Xtny mpoxeyévn tepintworn Yo yenotworomnlel n tpocéyyion ue ™
uédodo twv oyxwy B-splines yio v Tomxi| napaucTponoinon tou mAéyuatos. O
Hopgorotnthc TAéypatoc éyet avontuydel and v MIITP&B/EMII [20].

Kdmowo améd ta x0ptar yapaxtnelotixd tou eivon tar oxdhovda:

o Opileton 0 3D ypog TOU EUNERLEYEL TO TUNUA TNS YEWUETPlUC Tpog BeATioTO-
moinon. Iopdyetar €vo Bounuévo TAEYHa ONUEiWY EAEYYOU OYXIXWY XAUTUAGDY
B-splines. To onuela eAéyyou Yo amoterécouvy xat TiC UETOPBANTES oY EDLGUOD
Tou TEOPBAAUATOS BeATioTOTOMOTG.

e To onuelo Tou CFD mAypoatog mou Tepthau3dvovTal GTOV TUQIUTEVE YOEO To-
panetpomololvToL PE Bdom tar onuelor eEAEyyou.

4 7 4 7 7 4 4
o H petatémon twv onueiwy eAéyyou yia xde xixho BedtioTonolnong avtioTtolyel
OE UETATOTILOT TOV ETUPAVELNXWY AAAG XL TWV OYXIXOV XOUBOY TOU TAEYHATOC.

3.2 Moadnuatixd YTroBadpo

To Joylopwd, 10 omolo eyel avantuydel and TV epeuvnTixy oudda Tou MIITP&B
[20], etvar Bactopévo otn Yewpla twv oyxxmy xaunuhédv B-splines. To podnuotixd
UnOBatpo TWV XUUTUAGY oUTKY Topouctdletar Aettopepne oto [22], [12], [20].
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3.2.1 Kounbieg B-splines

Mio xopumoAn B-spline z(u) opileton we ypoppxde ouvdaopode b; € [0,n] onuelwy
ehéyyou xau ouvopthoewy Bdong U; p(u) Boduod p. H xoumiin meprypdpetor we

z(u) = Z U; p(u)b; (3.1)

H e&lowon uropel enlong vo yenowwonotndel yio Ty edpeon v y(, z) cuvteTay-
HEVWY TNG UOVOTIURAUETEIXAC XAUTOANG OTIG 2(,3) dwotdoec. H xoumOAN Tou diveTou
oo TNV €€, elvon plor TUNUATXE TOAUGYUUIXY| XUUTOATY, 6ToU To xdle Turo etvan
10 oAU Barduol p. T Tov opiopd Twv cuvapthoewy Bdong U ,, optletar o didvuoua
xopPov &, 1 € [0,m],m =n+p+1 1o onolo nepthapfdver x6uBoug oe avEovoa oelpd,
xordévog and Toug omoloug Urnopel v €xel TOAMATAOTTA UEYAADTERT) TOUS EVOC, ONAAON
va: epgavilovton ToAEC popéc oTo dldvuoua. Me oxond va mpoxiouy xoumiieg mou

VoL BLEPYOVTOL ATO TO TEMTO X0t TO TEAELTUO EX TWV ONUEiwY EAEYYOUL, TO BLdvuoua

XOUP OV TolpVeEL TNV OUOLOUORYT| LOP@N:

1
=0,...,0, —,...,——,1,...,1 3.2
¢ [\L\,’_/’N’ " N ’\’_\,L/] ( )
p+1 p+1

omtou N = n —p+ 1. Toa onuelo eléyyou mpenel va elvon TOUAdYIOTOV XoTd Eval
TeplocoTeERY Tou Barduol tng xoumdAng, onAadh n > p.

H ouvdptnon Bdone undevixrc téne diveton omod

1 if & <u<é&n

Uz’, u) = 3.3

olv) 0 elsewhere (3:3)
u—& & —u

Uip(u) = — S}Ui,p—l(U) + 6o L 3 Uit1,p-1(u) (3.4)
i+p . i+p+1 i+p

Edv »atd tov UToAOYIoNO TWV TWOV TWV GLVIETACEWY Bdong Tpoxilel o hdyog
% opiletan ot 1 T Tou ebvan 0. O Podude p xadopllel To ebpog Tng empEpoNc Tou
ehéyyou twv onueinv eréyyou. Me dhha Adyla, xdie cuvdptnon Bdong xou, dpa, xdie
onuelo eréyyou, emnpedlel onueio UE TOPUUETEIXEC CLUVTETAYUEVES OE £0p0¢ XOUPWVY
p + 1, onhadh ou PBeioxovto oo Sdotnua [€, §irpr1). Auto divel oTic xaunidiec B-
splines 1 SuvoTéTNTO TNG TOTXAG UTOCTAHELENG, ONAaDT| UTOopel emAEXTIXG Eval T
NG XUUTUANG Vo peToBAnel, agprvovtag tnv undhotnn avéyyiytn. To edpog autol Tou
TOTUIXOU YapaxThAea eEAEYyETAL PE TO Pordud p TNG XAUTUANG, OTIOU OGO TLO UXEOS AUTOC
0 Baduode, 1600 o EvTovo EAXETAL 1) XUUTUAT oo Tor onuela eAéyyou. Autd uropel va
olamotwiel xou ye ) Porjdela Tou oy HUNTOS
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3.2.2 O~vyxuxéc B—splines

Ov oyxxéc B-splines opoldlouv ©¢ Teog Tov 0plold xou T WOTNTEC TOUC UE TIC
LOVOTIUPUUETEXES XUUTOAES TOU avahOON@ay Topamdve, woTOCO €8 Ol TUPAUETEOL
elvan Tpelc u, v, w.

O xapTeciavéc ouvtetaypévee X = (1,22, 73)7 = [z,y, 2|7

evog oruelou Tou
UTOAOYIGTIXOU TAEYUATOS TToL TiieTan LTO TapaUETEOTONGT), TOL GNualvel 6Tt PploxeTon

EVTOC TOU Y(MPEOU TOU TAEYUOTOS TWV ONUElwY EAEYY 0L, didovTon amd

i (10,10) = D7 DS U ) Vi (0) W (0)5 (35

6mov u = [ug, ug, uz)’ = [u, v, w]”

elvol Ol TOPUUETEIXEG CUVTETAYMEVEG TOU OT|UE-
tou, U, V, W elvou ot cuvapthoeg dong twv B-splines xou pu, pv, pw ot Baduol toug
avtiotowya. b m € [1,3],i € [0,1],7 € [0, J], k € [0, K], etvon oL xopteciavéc ouvte-
Taypéveg Tou ijk—00T00 onuelou eAcyyou Tou 3D mAEyuatog EAyyou, onou I, J xau
K elvon 0 apriudc twv onuelwy eAEyyou avd xatediuvon.

Eg@boov oL TapoeTpinee CUVTETUYUEVES U TV ONUElY Tou TAEYUUTOS Efval YV~
0TEC, O UTOAOYLOUOS TWV XapTestavey elvar evdic, PE TOAD YaunAd UTONOYIGTIXO
x6oT0c. Autéc umopolV va uToAoYLETOUY UE axpifela, pe amedvion tou R (u, v, w)
oto R3(z, vy, 2).

Me Bedopéveg TIC CUVTETAYUEVES TV ONUEIWY EAEYYOU, TWV BLAYUOUAT®Y XOUSou
xou TV Bodudy TV cLVOETACEWY BAomG, Ol TUPUUETEES GUVTETOYHEVES (U, v, W)
EVOC OTUEIOL UE XUPTECIAVES CUVTETOYHEVES T = [T, Yy, 2T UTOPOUY Vol UTOAOYIGVOUY
eMADOVTAS TO CUOTNUY

z(u,v,w) —z, =0
R(uvva w) = y(uv v, w) —yr =0 (36)
z(u,v,w) — 2. =0

OMoU Ty, (u, v, w) unoroyilovtar and TNy e&. ue Bdon Tic Tpée twv b. To 3 x 3
ocLoTNUA TV X, Aovetan oveEdpTnTo Yio Xdie TUPUUETEOTONUEVO GTUElD TO TAEY-
potog, ue Ty opuiuntixd pédodo Newton—-Raphson, agol uvtoroyio¥el xou avtio tpapet

Oxm
L)
Ou;

Srapdpton e E. 0C TPOC TIC CUVIOTWOOES TOU U.

TO LXWPLVE UNTEMO m,j € [1,3]. To untpwo autd unohoyileton ovahuTixd ye

3.3 AAyopwlupoc BeAtiotonoinong

[ty extéheon plog autopatomoinuévng dwdixaotug fehtictonolnong popens, yenot-
porotettan o emAdTng Tou culuyoic TeolAruaToc Yall ue To hoylopxd Yopgornoinong
[20]. To Proto pe ta onoior mparypatonotetton wior tétotor doduaoto etvou:
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10.

11.

. Opileton 0 ywpog mou eumeptéyel T Yewpetpio utd Behtiotonoinon. Optleton To

TAfYoc Twv onuelny eEAéyyou xar o Bodude Twv cuvapThoeny Bdong ue Bdon T
Topamdvew. ‘Etol dnuoupyelton To doUNUEVO TAEYUN TV GNUEIWY EAEYYOU.

. Bploxovta tor onueia Tou UTOAOYIG TIXOU TAEYUUTOS TOU EUTEQLEYOVTOL GTO TAEY-

uot v onuelov eréyyou. o autd to onueion utohoyilovtouw o TapoueTEIXES

OUVTETAYMEVEG.

TrohoyilovTon oL TUPAUUETEXES CUVTETAYUEVES TwV ONueiny Tou Beédnxay xatd
0 Bua 2. To unohoyioTind x66T0¢ ToL PrUNTOC ALEEVETHL YE TNV OENOT TV
onuelwy EAEYYOU A TV ONUEIDY TOU TUEAUUETEOTOLOUVTOL.

. EnlA\bovton ol e€lodoei porie.

Trohoyiletan 1 TN TN AVTIXEWEVIXTS CUVARTNONE X0l EQUPUOLETAL TO XELTTPLO
TEQUATIONOU.

. Emthbovton ot ouluyeic e€lodoelg.

Trohoyiletan 1) xAlom TNG AVTIXEWEVIXTIC CLVEETNONG WS TEOS TOUG ETLPAVELAXOUS
%OUPoUC TOUG TAEYUUTOS 5‘;—1; (surface sensitivities).

. IpoBdrhovton auTéc oL Topdywyol oTa GNUEio EAEYYOU UE OXOTO TOV UTOAOYIGUO

TWV TOEAYWYWY ELAUCUNCLAC WS TEOC AUTY

SF O~ OF 6ad,

OTOL My, 0 KELIPOC TWY ONPEIWY EAEYYOU TOL TAEYUATOC TOU Vo UETUTOTLOTOUY.

H mocétnta % unoloy{leTon avahuTixd Ye Slapoplon Tng e€. ¢ Teo¢ b;.

. Avavewvovta ol 9éoeic Twv onuelnv eréyyou. Ltny pe ) pédodo tng andToung

xordHo0ou
S L

-1
omou 7 évag Yetndg apriuoe mou opilel to Brjuo e xardodou xan | 1 Teéyovon
emavaAndm. Av undpyouv teployéc Tou TAEYHATOS TOU BEV TOQUUETPOTOOUVTAL,
ouvtog Ta e€wTEPE oTueior ToL TAEYUATOC EAEYYOU TUPUUEVOLY OXIVNTO, (OTE
VoL NV UTIEREEL ETUXGAVYT) TUPUUETOOTOMNUEVWY TEPLOY WY XL ).

TroloyiCovton oL Véeg VETELC TV EMLPUAVELAXDY XL OYHIXDY XOUBWY TOU UTOAOY-
oTX0U TAEYUUTOS, YPNOWOTOLWVTUS TIC 101 UTOAOYLIOUEVEG TUPUUETEIXES TOUG
CUVTETAYMEVEC.

Emotpogy| oo Brua 4.
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0.8 Uz 3

basis function value

0.4 0.6 0.8 1

(&) Twés ouvvaptrjoewv Pdons ya Pad-
6 p = 4 kar odvvoua kouPov £ =
12
0000035 21111 1]
1

T
0,5
Ui's

U2,5

0.8 23
Us's
\ Uss /
0.6 5
0.4 \ \\ / /
02 b/ N e\
N :
0 ; :

0 0.2 0.4 0.6 0.8 1
u

(B") Twés owaptrjoewy Pdons yua Pad-

basis function value

ué p = 6 ka Sdvvopa kopPov £ =
0000000111111 1]
0.8 .
‘ p=4 ——
oe /7N control co‘i)thg i
0.4 / AN
TN

0.2 / \ / -
- 0 / \\ /
-0.2 \ — /
N/

-0.6

-0.8 L
0 1 2 3 4 5 6 7

(v") Kaunides B-splines mou éxouvy dnpuioup-
ynOel e tg ovvaptnoes Pdoes twy dvo ma-
pardvw oxnudtwy, yia ta onueia eAéyyov mov
paivovtar oto oxNua.

Yy 3.1: Ta ta mpdta 6o oxnuata, ya kdde u, to dipowopa Twy ouvaptioewy
Pdoes 1woltar pe tn povdda. Xzo tpito oxnpa, mapdyovtar dVo kaumUAes B-splines
roAamAaoidlovtas TS Tapardrvw ouvaptnoels Pdoeis e ta onpeia eAEyyov mov gaivortai
oto oxnua. O kapteoavés ovvtetaypérves tng kaumiAng vrodoyilovtar péow tng €k
yia to Sudvvoua twv onueiwy eléyyou bt = [b;,b;]TﬂD. OmwS €lvar eupaves, n
KaUTUAD e HikpoTepo falud p élketar mo évtova amé ta onpeia eAéyyou.
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Kegdhawo 4

MeAetn xou Ietpopotinn
ITictonoinomn Tou ITAnpoug
MovteAoL—AYwYOC
Anonayonoinong & Kauniva

O xlptog 6tody0¢ TOL EYYEPAUATOC Elvar 1 Beltiwon Tng anddoong anomayonoinong
xou amo¥duBwone evog oyruatoc. Qotoco melv to BrAua tne BehtioTonolnong, elvor
AmoEUTATN 1N ETAUCT) TOU TEMTEVOVTOS TEOBAAUATOC YId TNV TEOGOUOIWoT TNG POHC
uno perétn. H povdda HVAC tou autoxvitou mopéyet Yepud aépo 6ToV aymyod amo-
Toryorolnong, o onotog EMELTA TOV BLOYETEVEL OTNY TEELOY T TOU AvEUOUMOEAXA, UTO TN
Hop®Y| Becumy afpa uPNAC ToydTnToc. ‘Eneita, o aépag péet otny xoumive Tou auTo-
xavijtou xon e€épyeton and To miow TNg pépoc. Autd Aoy, elvol Xou TO UTONOYIG TIXO

HOVTELO TOU TEETEL VoL xoTaoxevacVel xon va Tpocopoiwlel oe autd 1 PoT).

4.1  Awdwacio tng Metenong xouw AnoteAEécpa-

T

Apywnd, ebvar onuovTinn 1 oUYXELoT TEWRUUATIXOY UETPHOEWY UE TA ATOTEAECUOT U-
TOAOYLOTIXNC TEOCOUOIWoNG Yol Vol Y TIoTel eumioToolvn ot epoplolouevr uédodo
[9]. To onuelo evbiagépovtog elvor 1 pofy xovid ato mopunell, ondte emduyeiton 7
eCao@diion umAirc axplBelac UTOAOYIGUOD TNE XATUVOUNE TNE Ty OTNTAS OE AUTAY TNV
TEQLOY Y.

[o autév Tov AoYO, Tpayuatonolelon PETENON UE AVEUOUETEO hot-wire, yia Tov
TELPOUTIXG xaoploud Tou TEBlOU TNG ToyLTNTUG OTNV YELTVINON PE TNV EOWTERLXN
mheupd tou avepodnpoxa [§], [9]. H yeron tou cuyxexpyévou uetentinol opydvou
evdelxvuToL Yo TNV TocoTixoTolnon TN Ty UTNTAS TNG eONE XoVTd 6To TapunelC xou
TNV EMXVEWOT] UTONOYLOTIXWY TROCOUOLOGE®Y alugwva pe o [9], [5]. Tt uétenon
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Snuiovpyelton Téypa pe didotnuo 100mm otny empdvera tou napmpll [§], oy. [.1a]
H mopoyr| e povddag HVAC ehéyyetan ye e€wTepnr| TNy TUONG OOTE VO TUPUUEVEL
otalept| 1 Tooy oTov aywyd amomoryomoinone xotd Tr Sudpxelo Tne Uétenone. H
Toy Ot ueTedtan yia x&de onueio tou mAéyuatog pe to avepdusteo Bh. oy. [E.IB]
Oyt axeBg 0TV EmpdveLs Tou aveLoUmOpaxa, OTOU 1) ToryOTrTaL efvon PNdEV AOYw TNng
oLV un ohiodnong, adkd oe xdetn andotacn Tmm. H andotaon oauty| tpoxinTel
am6 TO YEYOVOG OTL TO OPYOVO, XUTY TN METENOT), XE(TOL OTNY E0WTEQIXT ETUPAVELX TOU
Ve WEoxa UE TEOTO WOTE 1) XY TOU VoL EVOL GE AmOGTAUCT) T A TNY ETLPAEVELNL.
Auté elvan xan To evdederypévo Badog yia TETolou ElB0UC UETEHOEIC GUUPOVOL UE TO [8].

H petpnieioa xatavour taydtntog 6mmg golvetow oto oY. 0ev elvol oud-
HETEINY, XS TO TOUTAG TOU AUTOXWVATOU OEV Efval GUUPETEWO. MTNV TAEUEd Tou
0dnyoU, To TayOUETEO TowW and TO THUOVL dNUIoVEYEl AUTAY TNV acuupeTela, 1 ontola
ennpedlel TNV pot| Tou e€E€pYETAL ATO TOV AYWYO ATOTAYOTOINCNE TEOS TOV AVELOVWEO-
xo. Emimpoodéteg, av xar otny mpocopolnwon Yewpolue 6Tt 1 povéda HVAC moapéyer
opoLopop®n eor otny €€0d0, mou eivon 1) Wavixy| undleon, autd dev cUPPaivEL OTNY
mpoypoTixoTnTa. o yeyahbtepn axpifeia, Yo énpene va elye ouunepihngiel oAdxinen
1 povéda HVAC oto unoloyiotuxd poviéro [27] wotéco autd Va eiye yeydro umo-
hoywotixd x6otog. Emmicov, pla oxoun ation mou to 800 ouyxetvoueva potiBa elvor
avouola ebvor e€outiog TOU CQPIAUATOS TOU UETENTIXOU 0pYAVOL TOU YENOHIOTOLUNXE,
oAAG o e€ontlag TG Blatapary i oTn EoT| Tou Tpoxaheiton and TNV TomoVETNor Tou
0pYAVOL OIS QalveTaL GTO Gy UYL . Enlong, xatd tn uétenor, ot mhevpixéc €€odol
TOU oYWYOU ATOTAYOTONONG CPEAYICTNXAY UE XOMANTIXT| Touvia, OTLOTE 1) OTEYUVOTY-
Tot Oev elvan TAewg eCacpaliopévn. Téhog, oe éva mpaypatind autoxiviTo, UTdEYEL
wxet Btoppor afpa (Bev elvon amdhuta GTeEYAVS) and TIC TOPTES Xt and GANS TUaTd,
OTOTE 1) TOROY Y| UEQA TTOU TEAXG. BLOYETEVETOL GTOV AVEUOVDEAXI ATt TOV Ay ®YO Elvor
HXQEOTERT ATO TV TOU TOEEYEL 1) LOVADN XAlpaTiopou. Lo Toug mopamdves Adyoug
Aoy avaéveTon 1 xatovour| TaytnTog tou Yo tpoxer and tnv CFD avdivon va
ebvon Alyo daopeTind amd 1N wetendeioa, divovtag peyahldtepeg TWES Ty OTNTAS TOU
aEPQL, OVTAS TO CUPUETEWXTY. §20TO0O0, AVOUEVETOL 1) ELXOVOL VoL EVOL TTOLOTIXE TUPOUOLL.

4.2  ITheyupatonoinorn xow YT roloylouog

o tov axpiBr) utoloyioud g porc Yéow CFD 7 dnuovpyla xahric toldtntog Théy-
uotog etvon Lwtinic onuociog. Evo xohd mhéyua ouvendyeton axpl TEpLYQopr| ToV
OTNUAVTIXGDY TOVAAYLOTOV YEWUETELOVY Tou eunepiEyovtal. Eniong Yo mpenel vo cuvddet
UE XATOLL TTOLOTLXG XELTHPLYL, T OTtolaL BLaPEPOLY AVEAOY U UE TOV ETLAUTY TNG POT|G TOU
Yenoylomoteito.

Yy teé€yovon TepinTmoT, Yo TNV EMTdyYUVoT) TNE dladixaciog dnuioupyiog Tou -
TohOYIG W00 HoVTELOL, Yenoylorotinxay dedopéva CAD uévo yio o TUAUTY TOU o
moutelton VPNAT axpifela (ayoyoc ATOTAYOTOINONG, AVELOUVMDEAXIC, TUUTAO XOVTE OTNV
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€2000 Tou ayeyoU, xadpéntne) oy. 4.2l T o uTdLoLTA TUAULTOL TOU ECKTERIXOU TOU
QAUTOXWVHTOL, Yenoylomotiinxoy \or Slodéctua SEdopEva ToU TEOHATAY 0md OHUVARLOU
e Mlep NG EMUPAVELNS TOU ECOTEPXOU TN xaumtivag. Auty 1 dtadixacio tpoTiuRinxe
Yl 1 ouyxévTpwon xou 1 dlayelpnon TV dexddny TUNUdTny CAD mou amaptiCouv
TO E0WTEPO TOU auToxvATou elvon uiot ToAD ypovofdpa dudixacio. Emmiéoyv, av e-
fyav yenowonotniel o dedouéva CAD Yo Empene mpdTa Vo amopovewiel 1 ecuTERLXN
TOUG U6VO ETLPAVEL TPWTOU dnutovey el To TAéyua, plo dadacio etiong ypovoBopa.
Téhog, xadwg clupwve ye to [M4] 7] ECOTEPLXY ETMLPEVELX TOU OY AUATOC UTOREL VoL ATTAO-
motnVel yior vor petwdel o ypdvog umohoylopol eve TapdAAnha dutnpeeiton 1 oxplBela
ot emuuntd enineda, 1 Topamdvey dadxacta eucTodel.

Metd tnv exxaddpion tne yewpetplag, to 6edouéva CAD evadnxoy mpooextind
ue Tta oedopéva STL mou mporhdav and o oxavdpopa pe Aélep. Kadoplotnray
Cwveg TOnvemong Tou TAEYHATOC Yo TNV eniteudn LPnAnc oxpiBelac uToloYLoU®Y GTO
€unpociey TUAUN TNG XUUTIVOC Xot TaEdAANAc EQapuécin e o apotd TAEYUN 0T0 Ttiow
UEpoC NG, WoTe v xpotniel To LUTOAOYIOTING XOGTOC O AoYixd eninedy [27].

Y10 unohoyloTind povtého 1) elcodog Tng porg Beloxeton oTny elcodo Tou aywYol
amonayonolnong, ot w¢ €£0d0¢ oplotnxe ula 0pYoywvXy WxeY| ETLPAVELN XOVTE GTO
noptunoyxdl tou autoxwhtou. To tehixd mAéyua éyer 8399341 xehd (cells) and
Ta omolo 2435602 etvon mplopota, 7958 elvon mupouldee xon tar utolotra 5955781 ebvan
tetpdedpa oy. [{.30] To empaveiond mhéyuo anotehelton ard 624470 xehd. To mhéypa
onuoveyunxe and tnv BETA CAE Systems yio tnv TME.

H opror| cuviiun yia tnv toytnTo 6Ty €lcodo utaryopeleton and TNy avtioTolyn
Topoy Y| agpa Tou emBARUNXE xotd TN ddpxela Tng weTenong. O opwdudg Reynolds
¢ porig Yty tepimou 20000 pe Bdon tny udpawAxr didueTeo oty elcodo. O oplaxég
ouvirixec oTov Tolyo Yo To k xou € Tpoéxuay amd eQUPUOYT| TV GUVIPTACEWY Tolyou
Tou euneptéyovton 6To epBdAiov Tou OpenFOAM.

H Aoon ouyxhivel petd and 40000 enavahibelc 6mou €youv ixavoroinel to xpitripta
oUyxhong. Extoc and v o0yxhion Tomv uTololneny Twv eElo®oenY, Tapaxoloudeitol
XL TO PETPO TNG ToYUTNTAG OE EVOL a6 Tal ONUEid TOU TAEYHATOG T OToloL EYLVE 1|
avtiotoyn wétenon (to mAéypa gaivetar oto oy. . To avtiotorya ypaphuata
napouatdlovtar oo oy. [4.4]

To amoteréopota mou mpoéxuay upioTavtor xatdAnin enelepyacia yia onTixo-
Tolnom Tng porg otV xaumiva xuplwg oTNV TEPLOY T EVOLIPELOVTOS, XOVTH GTOV UVEUO-
Yopaxa. Ov ypoppéc poric xovTd oTov aveoUmpaxa @aivovtal 6To ox.. To nedio
pofic ot tout| Tapoucidlovton oto oyfua .6l O dnidtepec Tipée TayltnTag xou mie-
ong Beloxovton Y€co GTOV ay®YO ATOTAYOTOMONE Ko XOVTH OTOV AvVEROVMEoX. 2TO
UTOAOLTTO TNG XauTivag Bev euavilovTon €VTova QUVOUEVA POYIC, OTIWE OVUUEVOTAV.

Ontixonotettan eniong 1 xotavour| Tng Ty TNTAUSC XOVTA OTOV AVELOVWEUXA UE OXO-
6 TNV oCLOAOYNOT TNC XA TNV EVEECT) XUTIAANANG EXPEACTIC TNG UVTIXEWEVIXHC OU-
vaptnong mou Yo tny PeAtidvel. ‘Onog ebvan eugavég and to oy. , OTNV TEEYOLOU
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XOTAVOUT), YoUNAY| ToryOTnTar apar UGVEL TO GV TUAPOL TNG, UN EUVOWYTIS TNV OLodl-
xacio aronayomoinorng.

4.3  XOyxpion tov Katavouoy Taybtntog néow
Méetenong »xaw CFD

To anotehéouata TNS UTOAOYIC TIXAC TEOCOUOIWONG UTECTNONY XATIAANAT ENEEepy -
ol yior vou amopovedel 1 T Tou p€tpou TG TayUTNTOS Yiol oTUEld TOU AVTIoTOLYOVY
oTo onueior Tou TAEyYUTOC Yior Tar ool AfpUNXaY Ol UETEYOELC [27]. O TEOXUTTOL-
OEC OLOLAC TUTES XOUTAVOUES TAPOUCLALOVToL GTO GY. 1 o0YXEIoY| PETOEY TV TEL-
popotixwy ot Twv CFD anoteheoudtov xplvetal w¢ XavoToinTixy|, BE0UEVWY TOV
TEOAVAPEQUEVTLY TEOBANUATWY AGUUHETEAS, DLUEEOTS, COUAIATOY XAUTE TN UETENON
X0 OLoTapay YV 0T Eot) Tou TNYdlouy amd TNV oTAREY TOU PETENTIXOU 0pYAVOU UE
70 Yépt. Ol XATAVOUES GUYXELVOUEVES TOEOUGIALOUY UEXETEC OUOLOTNTES, OiVOVTOC TNV
(Ol TotoTINY| EdVAL X0t BNULOVEYOVTS ETOL EUTLOTOCUVY OTO UTOTEAEUATA, T OTold

UTOPOUUE XAl VoL YPNOHLOTOCOUNE TAEOV Yo TNV EiAUcT Tou ouluyolc TpoBAruaTtoc.

26



e e

N A\TEASE T
N\ iead 7l G
A LS s e e
WA~ I e
N o —a

(¥") IAéypa tns pérpnons and tny eEwtepikn mAevpd.

ExAna 4.1: Poduon tng pétpnons katavouns taxvtntas.
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Yyxnue 4.2: Aedopéva CAD ya ta onuavtikd j1épn tov HOvTéLOU: aywyos anonayo-

roinons, avepolwparas, TaumAd kovtd atny é€odo Tou aywyol, kalpéntng.
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(B") To vrodoyiotikd mAéypa tou povtédov éxel mepinov 9 exatopppia kehid. Or mo okolpes
TEPIOYES AV TIOTOIYOUV O€ TEPIOYES M€ T TUKYO TAéYua, kalds exel anaiteitar viPpnAn axpifea.
Avté emtuyydvetar ue xpnon {wvay tUKvworns.

Exnpo 4.3: CFD povtédlo kar mAéyua.
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residuals

0 5000 10000 15000 20000 25000 30000 35000 40000
iterations

(&) Ta adaotatonompéra vndloima twy efiodoewy peadvovtar katd 5
tdéeig peyédouvs touddyiotov. O tadavtwoeg Tous ogeilortal aTn xpnon
emAUTn puoviung pons (Y Aéyous uelwong tov vroAoyiotikod K60Tous),
av ka1 napovoidletal Tomikd UN—ULOVILOTNTA TNS POTS.

44.00% T T T
j [ velocity magnitude at (0,20) ——

43.95% |

4B.90% [

L e e S S
D S i bt

AB.7E% oo

43.70%

43.65%

43.60%

43.55% : : :
20000 25000 30000 35000 40000

iterations

(B") Mérpo tns tayvtntas o€ éva and ta avtiotowa onueia tov TAEYuatos
kovtd oto maumpil mov dnuwovyndnikar katd tn pétpnon. To ypdenua
eonidler 0TS TEAeUTAlES YIAdOES emavalnipewy 6mov gaivetal 6ti 1) TePOYN
kovtd oto maurpil éyer prdoer otn uovipun Avon. To uétpo tng Tayvtntag
otov y—déova eivai adiaotatonomnuévo, O1a1POULEVO € TN UEVIOTN TIUT TOU
peyédouvg mov mapovordletar katd to Tpé&puo.

Yyxnue 4.4: YUyklion tov mpwtedortos mpopAnuatos. Ta vrodoira twy eioboewy kal
n ovykAion tov pétpou tng Tayvtntag eival ikavomomnTikd.
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U Magnitude

L U .
() I'pappués poris and tny eivodo tpds tnv ékodo.

o §

U Magnitude U Magnitude

. B | .
(B’) I'pappiés poris kovtd otov avepodopara. (") Ipaupés pors otor avepodopaka.

YyxAue 4.5: O1 ypaupég pong mov ota mapandvew oxnuatae, apxilovy and tny €iocodo
TOU aywyoU Kal UmodelkyUouy THy mapovoia HIKpwy oTpofi\ioudy xaunAns taxutntag
0t0 Kdtw Hépos Tou avepoddpaka, mplv To onueio otov n 6éoun mov e&épyetar and Tov
aywyé mpookodddtar oto tldun. H déoun mapapéver mpookoAAnuévn oxeddv péxpt to
eninedo tov kapémntn, omov kar apyiler TdAr va avakuvkAogopel.

31



(o) Katavourj tns mieong oto eninedo ovppuetping. Xto €0wtepikd tng kaumivag, 1 mie-
on €elvar oxedoV OLOIOPPN €V TTOV AYwyo Aaupdvel UeYIAeS apyNTIKES TIUES O€ KATOES
TEPIOYES kar peydAes Detikég TiHéS o€ Kkdmoles dAAES.

U Magnitude

(B") Katavoun tov uétpou tng tayvtntas oo eninedo ovupetpias. Eowtepikd tns kaurivag,
T0 €TPO TNS TaxUTNTAS €lval oxe€d0y UNOEVIKS €V OTOoY aywyd Kal kovtd atov aveuoddpara
AapBdver apretd peydles Tiuég.

ExAua 4.6: Katavoués twv mediwy pons oto eninedo ouppeTplag.



U Magnitude

YyxAue 4.7: H xatavoun tns tayvtntag kovtd otov avepolopaka mov mpoékue amo
v mpooopoiwon CFD. H mpofoAn tng katavouns yivetar oyt akpifos ndvw oto tld
mou n tayvtnta €ivar undevikn), aAld oe eowtepiki) anéotaon Tmm. Eivar eupavég ot
o avepouparas oto dvew Hod TuNua Tov keAdrtetal and aépa XYapnAng tayvtnTas €vao
0T0 KaTiTepo TUNHa, kovtd otny é€odo tou aywyol arorayomoinong, n taxvtnta €ivai
apketd vPnAn.
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Velocity magnitude

-50 -40 -30 -20 -10 0 10 20 30 40 50

(o) 2D katavoun tns tayvtntas ané ta anoteAdéopata tov CFD, ue e-
Eaywyn tov pétpov tng Tayuvtnrag uévo ota onpela moU avTIoTOOUY O€

avtd tng pétpnons.

70

50

40

30

Velocity magnitude

5 -40 30 -20 10 0 10 2 30 40 50
(B") 2D katavoun taxitnras and tn pétpnon.

Iy 4.8: Yoykpon petaéd twr anotedeopdtwy tov CFD ka1 tng pétpnons ya tny
katavoun) tng taxvtntag kovtd otov avepolwparxa. Or déoves vnodnidvovy tn Oéon oto
2-Gidotato mAéypa mou dnuovpyRinke katd ) pétpnon, (BA. oy. [41). Me Bion ©g
TuéS mov ouAdéxinkay éxer yivel mapepfodn) ya mo peadiotikny ontikonoinon. Ta 6o
oxnuata dagépovy, wotéoo mooTikd VToONAKYoUY THY 101a Katavopur) Tng TayvTnTag Tov
aépa.



Kegpdhawo 5

BeAtiotonoinon tou AywyoU

ATomnayonolnong

5.1 Exniivon twv Xuluyov ESionoewy ol Xde-

tne EvowocYnolog

H xoravour| tne oy 0tnTog xovtd 6Tov avepodopaxd, OTws TOPOUCIICTNXE GTO TROT
YOUUEVO xe@dlato, avTxatonteilel Tic aduvaieg Tou TpéyovTog potiBou aronayonoin-
ong (tou TPOTOU UE TOV 0To{0 eEUAEPETAL TO OTEMUA TEYOL TOU Tcotpwtpil). ‘Onwc sivan
AoYwd, xou 6Twe Tpotelveton xat and dnuootedoelg dnwe [10], Wavixd 1 xotovouy| Tng
ToUTNTOC TOU 0pal TEETEL VoL Vol OOLOPOEYY YLl Vo euVoel TNy anomayornoinor. E-
Tlong, 1 TUNUATIXY ATOTAYOTONGY) TOU APVEL XOLAIDES BEV Efvar X4 TL TO ELYEPLOTO Yo
Toug emPdtec. Omodte wg otdyog Tideton uio otadepr ToayTNTH OE OAN TNV ETLPAVELN
ToU avepovwpoxa Yo va euvondel 1 ouotopopgio. Emnicov, 10 yeyovdg 6Tl 670 dve
TUAU TOU avepoUpaxa POdvEL apag YoUNANG ToyUTNTC, ATOTEAEl UELOVEXTNUA YL
NV amodoor anorayonoinonc-anovdufwong.

Yuvenwg, Yo va emteuyvel Bedtioon tou potiBou apywd tiietan we TaydTnTa
0TOy0¢ Wla oTodepy| TUYLTNTU Vigr XU G GYXOS GTOYOU, BA. OY. (6yxoc oTov
omofo UTOAOY{CETAL 1) OVTIXEWUEVIXT ouvd(pmcn) EVOG AETTOC OYXOC UE TO oYU TOU
avepodmpona xou téyog 20mm, o€ andcTUoT Tmm oAnd TNV ECWTERIXT| ETLPAVELXL TOU
aveoUHEaxaL.

MeTd tov oploud TG ToyUTNTAS GTOYOU X0l TOU OYXOU GTOYOU ETLAVOVTAL OL GU-
Quyels e€lonoeic xan TpoxdTTEL 0 YdeTNe evoncUnoiag. O emAdTng Tou culuyols TEo-
BAuaTog emAleL TIC EELOWOELS Yiol UERIXES YLMABES eMavahbels, womou T uTOAoLTA
TwV EEIOOCEMY elvan xavomomtind tixed (xdtw omd 1077) xou ta ouluyh Tedla éyouv
otadeponotndel, BA. oy. [5.3] Eretta unoloyilovia ot napdywyot evoctnolog yio tov
aywYo anonayonolnong, TNV teploy Y| Tou emuueitan Vo popgorotniel.

O mpoxintwy ydetne evacinolouc topouctdleton oTo Y. . Me umhé ypwua
OTUELDOVOVTAL OL TIEQLOYES (xelidr) ou meémel var Tpafnydolv mpog o €€, EVE UE xOX-
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() IAdyra 6yn Tov GyKov atdyouv.

Yxnue 5.1: O dykog otdyou eivar 6ykos ue To oxNpa TS empdrelas tov avepolopara,
mdyous 20mm, oe anéotaon Tmm ard to tldu. Ilepiappdver 660104 kehid Tov vmodo-
ywotikol ywplov. H tayvtnta otéyos vie, €ivar otalepr) o€ 6An tny éktaon tov 6ykou
avtov.

XWVO OL TEPLOYEG TV TEETEL Vo oTpwy o0V Ttpog Ta péoa, woTe v emiteuy Vel xahlTepn
XATAYOUT| Ty OTNTAS OTOV AVERODDEAXAL.

O ydpTeg euonoinoiog yenolonotodvIaL YEVIXE Yol VO UTOONAMGOLY TEPLOYES OTIOU
N oAAoyY|) oty yewpetpla Yo empépet Bedtinon otn por. (doté6c0 1 TAnpoopio Tou
TOEEYOLY BEV yenoylomoleltal autoVola xomg TeptEyel apxeté VopuBo. Axohouvieiton
1 OLadLxaolar TOU TEPLYRAPNUE AVIAUTIXS OTO XEQAALO

5.2 BeAtwortonolnon-EmAoy? TeAwng N'ewpetplag

[o Ty mparyuatomoinoT aUTOUATOTONUEVKY BLUdLXACLWY BEATICTOTONGTS YeNUOTOLE-
fron emA0TNEC Tou oLLUYOUC TEOBANUATOC OE GUVERYAGTIA UE LOPQOTIONTH TAEYHOTOC Bo-
olopévo otic oyxuéc B-Splines, hoyiopxd mou avartdydnxoy and m MIITP&B/EMII,
oe nepBdrrov OpenFOAM, 6o avokiinxe ot mponyolueva xepdhono. Metd tn p00-
HLoT) TV TopopETeny BedTiotomolinong xou Tou emhlTy, 1) Sladixacio TeEyel uéyel TNV
eEXTAPWO Tou xeLtneiou Teppotiopol (Ty. uéypet Tov Yéyloto oprdud enavolpewy) 1
uéyet va moporyOel Evar un-amodextd TAEYUAL.

Hporypoatomottnxay apxetd tétota Teediuata ewg 6Tou eTAEYINXE xaTdAAnho VEo
oy aywyol aronayornoinong. To Teediuata Slapépouy W TEOG TNV TORUUETEOTO-
{not| Toug, TNV TaEAPETPOTONUEYY TEPLOY T XL ToV 6YX0 oTtoyou. H avdyxn outy| yia
ToAG Teeiportar avtl yior €var, TEOXUTTEL Amd TO YEYOVOS OTL XATUOEVNC TXO! Xal To-
Tohoyxol eploplopol dev ouumepthpinxay ot Beitictonoinoy. Xto Téhogc hotmdv
x&e autopatononuévou Teediuatog, ol mepopiouol autol hauBdvovton umddr, xodog
0 VEOG AYWYOS EXTOC UmO TO Vo GUUPAAEL 0NV %ahOTEPT amdOOOT| AmoTaYoTolNoTg,
TEETEL VoL E(VOL XATUOEVACLIOC X0 VOL Ywed Xat 0T OLdtaln mou amopTilouy o aywydg
UE TOL YELTOVIXE TOU UépN.

O oywyodg mou emhéydnxe and v mapandve dtadixacio tapouctdlet 43% ntwon
NG AVTIXEWEVIXNG CUVEETNONG (SE, YEYOVOS TOU EXPEALEL TO OTL O GTOYOG TEO-
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(B") Hapdywyor evaionoiag ya to omiotho turjpa tov aywyov.

Exhpna 5.2: Or1 tapdywyor evawoinoiag vrodnAdrvovy tny aAdayn oTtny avTIKelUeVIK)
owdptnon F Aoyw kdOetng petatomons twy keAwdy otny empdveia tng yewuetplag,
OTNY TEPITTWON AUTN, TV €0WTEPIKWY TOWWUATWY TOU aywyol amomayomoinons (g—i)
Me pmAé yponpa onueidvovtar o1 mepioyés mov mpéner va tpafnydoly mpos ta €bw, €-
V() € KOKKIVO Ol TEPIOYES Tov Tpémel va ompwyxPoly mpog ta péoa, wote va peiwlel n
avuikeuevikn ovvdptnon kai dpa va mpokUiel BeAtiwpérn katavoun tng tayvtntag.

oeyyloUnxe wovomounTixd.

H neployt| Tou aywyol mou mapoueTeonot{nxe 6 GUVOLICUO UE TO TAEYUA TOV
onuetwy eAéyyou mou emhéyUnxe mapoucidloviol 6To CY. To mhéyuo eréyyou
amoteheiton amd 3 X 7 X 9 onuelo ehéyyou ye Badud cuvapthcewy Bdong p, = 2,p, =
3,pw = 3 avtlotorya. To mAéyua eréyyou mepueheler 526157 xouBoug Tou TAEYMO-
toc. H xivnon twv onuelwv eléyyou éyel emheydel va emtpéneton uévo xotd tny X
xoTebduvor.

To onueio eréyyou, enlong, EMTEETETOL VO UETOXUVOUVTUL XATE TOV PECO HRO NG
METUTOTONG TIOU UTOONAWVEL YLot AUTA 1) XALOT) TNG AVTIXEWEVIXHC CUVERTNONG AV LoO—
em@dveta (iso-plane). Autd éyel we anotélecya TNV TAUPUYWYT AElWY EMPAVELLDY,
TEdy o TOU ELVOEL TNV XaTaoxeLaoTIXY dladixacta. To mapaydév oyfua o olyxpelon
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UE TO 0PY X0 TOU oy wYOU, ohAd X0 TO TEQIOL U — Vg GTOV OYXO GTOYOL TAROUGIALOVTOL

oTO OY. @

38



residuals

10 ) ) ) ) ) ) )
40000 45000 50000 55000 60000 65000 70000 75000 80000
iterations

4 / z ’ / V4
(&) Ta adaotatonompéva vnddoima twy efiodoewy uedvovtar katd 5
tdéeig peyéfouvs Ttouddyiotor.

50.50% I 1 I
[ adjoint velocity magnitude at (0,20) ——

50.45%

50.40%

50.35%

Ua

50.30%

50.25%

50.20% ‘ ‘ ‘
60000 65000 70000 75000 80000

iterations

(B") Mérpo tns ovluyols tayivtntas o€ éva and ta avtiotoya onpuela tov
mAéyuatog kovtd oto maumpil mou onuovyninkav katd tn pétpnon. To
ypdenua eotidlel 0TS TeAevtale xi\idde§ emavalnpewy omov gaivetar ot
n mepioyn kovtd oto maumpil éyer gprdoer otn uoviun Avon. To pétpo
™S tayvtntas otov y—déova elvar adaoratononuéro, NaipoUuero e TN
Héyiotn Tiun tov peyéfous mov mapovoidletar katd to Tpé&iuo.

Yy 5.3: YUykdion tov ouluyols mpofAnuatos. Ta vrédoima twy €fiodoewy kai n
oUyKkAon Tov pétpou Tng ouluyols TayUtntag elval ikavomoinTikd.
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pa

(") Katavoun tns ovluyols rieong oto eninedo ouppetpiag.

Ua Magnitude

L im
(B") Kazavourn tov uétpov tns ovluyols tayitntas oto eninedo ouppetpias.

Yxnue 5.4: Katavoués twv ovluydy mediwr oto enitedo ovupetpiag. Or ovluyels
HeTaPANTES €lvar o) €00y UNOEVIKES TTO €0WTEPIKS TNS KAUTIVAS, aAAd 0Ty Tep1oyn) Tou
aywyol kai tov avepolupaia Aapfdrovy vPnAdtepes TiuéS, kalis aUTéS 01 TEPIOYES éxouy
JeyaAitepn emippon ot porn) aTov 6YKo OTOXOU.
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Yy 5.5: Opiouds tng mepioxns mov napapetponoleital kat popponoteizal. Me kékki-
Yo onuewdvortal ta evepyd onueta eAéyxov evd ue pumAé ta axwvnronomnpéva. Ta axivn-
Tonomnuéva onueia eAéyyov ota dpia Tov koutioU ppovTilovy Yia THY anopuyr) €mKIAVYnNG
TOU TMAPAHUETPOTOINUEVOU UE TO UI~TAPAILETPOTOINUEVO TAEY1A.
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(v") Apxirds aywyds, mAdya dipn.

U-Utar U-Utar

€’) Apyvixd uotiBo. ") TeAixd uotiBo.
PX1KO U I

Yy 5.6: YTy npdtn oepd, o1 kéuPfor Tov TAéppatos eAEYxoU €lval XpwHaTIoHEérn
J€ Bdon Ty v TapaueTPIKn) oUYTETAYUEVT) €vdd 0T deUtepn pe Pdon tny u. To tekiko
oxnua etvar oAU Aelo Adyw NS HETATOMONS Twy oNUelwy eAéyyou katd Twy Uéoo Jpo
s vrodoywoleioas avd wo—empdreaa. To medio mov gaivetar ndvw otov dyko 0TGYOU, TO
UV — Ugqr UTOONAQVEL L€ TPATIVO XPOMUA TIS TEPIOYES TOU 0 aépag éxel taxUTnta ion e
TOV OTOY0, UE UTAE TIS TEPIOYES TOU €XEL IKPOTEPT), Kal L€ KOKKIVO TIS TEPIOYES TOU €xel
neyaAitepn tayvTnta. Xvvends, PAénovtas tny tekevtaia oeipd, n ovykpion petald twy
Ovo potiBwr detyrver 6Tt 0 0TS TS KAAVPNG TOU dvw TUNHatos Tov Tapunpil pe aépa
vhnAdtepng tayvtntag éxer ekmAnpwiel ya to peyaditepo Tunua tou.
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Kegpdiowo 6
Avoxe@aAolwoN—2VUTECACUAT

Ytnv mapolou Bimhwpoatiny epyacio e@apuooTnxe PehTioTonolnoy popghc Ue yeron
¢ ouveyoUg ouluyolg uedodou, tou €yel avartuydel and ™ MIITP&B tou EMII,
OTOV AYWYO ATMOTAYOTOINOTNG TNG LOVADS XAATIONOY, evOg emBotixol oyAuatog To-
yota. To yeyovée 6Tl 1 yewpetpla Tou aywyold autol ddpauatiCel onuavTixd poho
oTNV an6dooY anonayonoinong xou anoVdufwone Tou avepodwpeoxa, 0dfynoe G OLe-
pebvnom g tpoontx¢ BeATioToTonoNg Tow, woTe va emtteuy Vel Bedtinon authg TNng
Cwtig Aetrtoupylog yia To Oy nua.

Apyxd, oL anmauti|oEIC ambB0CTC TOU GUC TAUATOS XALUATIGUOY OGOV apopd OTT) OL-
GAUGT) TOU CUUTUXVOUATOS X0 TOU T8YOU OTOV AVEROVWEUXI, UEGH OE AOYIXO YEOVIXO
TAXGLO %0l UE OUOLOUORPO TEOTO GE OAN) TOU TNV ETUPAVELN, EXPEACTNHAY XATIAANAYL
UTO TN JORPPY| OVTIXEWEVIXNC CUVAPTNONG TRO¢ EAdyloToTonoT.  AuTh 1 ovTIXEE-
Vx| ouVdETNOY €lvol TO OAOXAAEUO TNE BLUPORAS TNG TAYUTNTOS TOL 0€pa amd ula
T UTNTA GTOYO, OE EVOY AETTO OYXO XOVTA GTOV AVELOVMEOXA, OTNY ECWTEQIXT| UE-
owd e xoumivag. ‘Emetta, mapoucidotixe podnuatixd 1 ouveyrg culuyrc uédodog
Ylot AOUUTEG TN UOVIUT) ROT] X0 TO EPYUAEID TOPAUUETPOTIOIMONS X0 LoppoToinang (Tou
avamtoynxe ond m MIITP&B/EMII) nou Pociletar otic oyxixéc B-Splines.

O x0plog otdyog auThg TNg Btmhwuatxhc epyaciog, 1 BeAtiotonoinom uoppnc tou
aywyol anonayonolnong, amoutel TNV TEOCOUOIWSoT TG POHC TOU 0EQA TOU OLUPEEEL
TOV oYWYO TEOS TNV XOUTVOL TOU AUTOXWVATOU Xt eEE€PYETAL amd TO THowW TOU UEROC.
[ot autéy ToV AOYO, BNUtoLEYHUNXE TO UTOAOYIOTIXO UOVTEAO TOU TOQOUCLACTNXE,
ue 8.4 exotouuvpta xehd. H avdivon tng poric péow CFD €dwoe to medla Tng porig
TOU amouTOVVTAL Yiar TNV €mAUCT Tou oLLUYOUS TEOPAAUNTOS, OAAS ot oxE3T Eova
NG TEEYOUCUS XATAVOUNG T UTNTAG XOVTE OTOV avedoUmpaxa. AuTYH 1 XxaTovoun
ToyUTNTOC oUYXelinxe Ye TNy aviioTolyn mEpouaTIXT, ToU amoxTHUNXE and Yétenon
UE aveEUOUETEO hot—wire oe onuela TAcypatog ye andotacy 10cm, oto 7Tmm ond Tov
avepovmpoxa. To anoteréopata autd €de&ay Xohr) CUUPEViN UETHED TERAUATOS Yol

Tpocouolwong, Teocdidovtac aflomoTia oTny uToloyloleloo po).

Téhoc, emabdnxay ot ouluyelc eEIGMOOEIC XaL EXTEAEGUNUAY QUTOUNTOTOUNUEVES
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oadixaotec Behtiotononong yio var mapoy Yoy VEEC UTOPHAPLES YEWUETPIES TOU oy -
yoU amonayonoinong. O emAdtng tng ouluyolc poric €dwoe Tov YdeTn cuoncinciog
TOU LTOBEWVUEL TO TG TEETEL Vo TOPAUop@Pwloly oL TERLoYES TOU aywyol (yiol va
ehaytoTonotniel 1 avTixeyevixy ouvdpmon). ‘Eneita, exteréodnxay puepwd tpedipota
QUTOUATOTOMNUEVNS BEATIGTOTIOOTC oo Tar omolal EMAEYUNXE 1) VEX UTOPHPLOL YEWUE-
Tploe Tou mpoopépel Bedtiwon oTny anddoor anomayonoinong Tou aveEROVMEOXA, AAAY
TV TOY POV EVOIL XATAOEVACUIT %ot Ywed va Totodetniel oto autoxivito, otn Véon
TOU dEY OV oywYOoU.

[MpowtéTumo TNg Ve aUTAG YEWPETELAS TOL aywYOoL xaTaoxeudcoUnxe ue yeron 3D
exTUTLTY xan LTOBARUNKE oe TelpauoTiXéS BoXYEC ToL ToToTolnoay TV BeAtinon
NG amOdOoNE amoTayoToinone Tou TeEoéxude. 110 TANPES XelUEVO TNG BITAWUATIXAC
epyaolag, o avay Voo TN Utopet vo Boet AeTTOPERELES TNG TEWRUUATIXAG AUTHS TLOTOTO-

{none.
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